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SOLVTIO PROBLEMATIS 

A R. P. MARINO MERSENNO MINIMO 

PROPOSITI. 

'Datis tribus quibufcumq-, magnitudinibus,rationalibus 
velirrationalibus.datifqueduarumex illis Logarith- 
misjtertiae LogarithmumGeometrice inuenire. 

* D V O 

• AproponentcdehacPropofitione pronunciantur. * 

V N V M • 

Quodforficanlongcdifficiliorem quamipfa Quadratura fblu- 

tioncni recjuirat: 

A L T E R V M 

Quod QuadraturaCirculi a R. P. Ghegorio a S". Vincentio cxhibita, 
abcatinillud necdumfoluturfi Problcma. 

. Quibiis vidctur indicare,(bIutionemProbIemAtisdc QuadraturaCiraili,expcditamforejli 
"dcfedus fupplcatur,qucm in fohitionePrcblcmatis a fepropofiticonfiftere iudicauit, 
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P R iE F A T 1 O. 

^^i]^6Ncidi nupcrinCcnfuramqLiandam,quamR.P. Ma- 
J^BhT "^^^'vsMERSENNVsJibro quemdc RcflcxionibusPhy- 
Jjj^Q^ fico-marhematicisinfcribiti qua.dcfubtiliflimoqpcre 
K.P.CjRKiORii A S'*. ViNCENTTO c Socictatc Iesv, quod nupcc 
fummaomnium admirationcapplaufuqucprodiir, quid fenti- 
ret,palameuulgauit, Striproeam amicus quidamcomprehcn- 
fam, huc tranfmifcrar,cumlibrumipfum a:quc commodc non 
polfct: quam cumquafi tcmerc abicdlam, &vcluri neglc6lani 
fortcinfpicercm,famamqucintcrim incomparabilisinGcome- 
tria viri vidcrcm finon obteri,faItem apudGeomctrixnon adcb 
pcritos aliquoufquc obfcurari,certc non ncgligcndapenitusres 
vifa tuni cft , fcddigna omnino quam fcripto rcfellerem cgo, 
cum cam non magni fe-faccre R.P. Gregorivs fatis oftenderetj 
vt omnibus in cam qui inciderent, fieret manifedum ^iniuria mi- 
nimcfcrcnda,hoministambcncdeGeometriameritiincompa- 
rabileslaborcs>cam incjignis modiscontcmni,acvelucidiiacc- 
rari. 

Illud tamenvacillantem me,(iubitantemquean refpondond 
cligna res c(fet,planca rententia rcuocauic,quodcumGeome- 
tricaccuiufdamPropofidomsmendonemfaceret; a quatamen 
flabiltmentam omne^qualifcttm^QcCenfuta iUapettfre videba- 
tur, (atisi>fficio meo fii^rus mihl viderer in cattCsai Geometri* 
ica> fi illa ipfa tantummodo^ prout expetitiir» (blueietur : ftiure 
. cnimficruumhonorem videbam Quadratune Circuli , quani 
R.P.GiiEGoiLiv$ A S**.VuicsNTio> publicliuris fedt, chm aliain 
nullam difficultatemad remqttsnCeret,hoc eftGeometrtcaoiy 
in earede percipiendd>fibtMerrennuscooqueraturpbttohium; 
Operac pretittm umen erit Cei^ris vcrba his attexere , vt 
. quamparumGeometric^ conceptafic6cexpreiIa« tn ipfi> vefti- 
bttlo^xquusLedor intelligac. 
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CENSVRA 4t MAftiNI M^RSENKt 

Quam libro Reflexlonum Phyfico.'mai:he- • ' 
. macicarum inferuic Pag.72. : 

' j^oUns autem Phoenomenyeditis , conatttf tngens in iH*^ 
[nenjenda CtrculiQuadt^mifUl^eimproboi 
^^^^^^^^decimtihruexflicattUiiifl^ 
dedMcuntiir:qmffen^nJeiiimraii0nes fimiksSed 
terfe comparat. Atvericim/te^ftededer/t ^adraff^yimeomSS 
auofileta Ceometris expe^ari, cufn in ea exhiyenda,l4m«e ^j^mm ipfi 
^^uidraturadtfficiliora fiipponat/uelpoHulet^ nequtWm^lit 'vUa^ 
tenus Geometri&per IndiUtfihiUa Eruditi^imt Bonauentur£Caus^ 
Ur^^qieandoqt^demprimueillamper Indiuifibilia methodum edidif, 
quiteunen tuipreluxiJle *videtur, nojiris Geometris dijj>licuit. Qui 
fratereanonnshilinillo opere requirunt, velarguunt\ tdjj prAferttm 
eputdcnm Opue Jitum ^uadraturaCirculi Jjfeciofb , fifperio^titulo 
tn/tgnierit^nihiltamen quodad rem faciat , pr^teridquod eJiin re ha- 
Henusinttentum efi^protulerit. ^lnippe in iUtid ahit necdum folutum 
FroblemAjquodqfforJitan longe Riffictliorem quam ipfa ^uadratura 
foltftionemrequirit : ^atistrtbus quibufcum^magnitudinibuft ra- 
tionaUbue , 'velirrationalihHs , datiJ^duarum exiIiuLcgaritbmu^ 
tertialtOgarithmum G eomttrice tn ucmre, 

HjccR.P.Marini NtFRSENNi lcntcn tiajtotidetTi exprcflavcr- 
bis, hoccftfinguli'; , ^ oninibus. Contemniquidcm potcrant 
omnia,qua?totaCcnlura continenturjmb&contcmnuntur a 
pcritis: filcrctamen omnino,non videbatur confukum, fakcm 
adGcomctrica rcfponlum oportuit^cum nucr mulros vcrfcmur 
bodic, quibusfilcntium ipfum, crroris dcprehenli vidctur cflc, 
tjHcitaquidcmjfcdindubitataconfcfiio. 

Conabimur igitur ad Problcma Propofitum rcfpondcrc, il- 
iudque fuppicre quodad abfolutam circulidimcnfioneni Mer- 
fcnnus dcdlefufpicabatur:&:hacoccafionequorundam dubiis 
faciemus fatis^ quibusaliqua^propofitioneiQuadraturam ijpe- 
dbmtes jobfcurioies vilk fun t. 
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P A R S P RiM A. ' 

P K O B L E M A 

Aris tribus quibufcum6[) magnitudinifyus racionalibus vcl 
irracionalibusydatifquc cluarumcxiiiul.O|^jithmu« tCItue 
Logarichmum Geomccriceinucoire. 

T Ogarithmorum ea conditio cum fit,vt non niG (eriei magnitudinum continui 
•■-'pcuporciooaiiumrit^affiguitur > proiadcpoftulat PcoUema g|rteieas,vt«A 
ciq)ofica lit qucott Asriei 

concinu^ proportionalium ' . A B C P_ 

A)B,C>D«&c. iaeaqueaT- "' ' ' . • _ 

fumanturqua:uismagniai- . •. . ^ 

dines A dc C , quarum Lo> 

garithmj fint d.iti, afrumaturautdmqujcuis magnitudo L, OcOmctrici detenni- 
' necurjquotaiic h magoicudoincaleric quaotitatuai in cootinua ratione coa- 
IHttit^uiD«tnquaruotmagirinid&iet A -ft C; decei^iieti»4"cpr«tereaqiio- 
ta:&ilise liatiacsidemfene. HoccertelipraBlHiBrimiisiotittiimemqiiodpfO- 

poncbatun 

Vcriim illudcxpcndcndum c(l imprimis » an Problema prcrutpropofltumeft 
vahierfim» tc ittimiitttii, red^ problematis nomine iiidigiari poffit; nem.fi 
»Uf*T«r efTe quod.im <n eafu demooftri«efo« eiiicciocefmtiioafeAfeiieqiii 
i#coinctricc ifuiirepropOifiiHm< . , ' 

^ A B C ' 

G F ! '. ' . 

IJL. 

Vtigitur ckri ptocedamus, percipiaitiur^ue.expoilatar feriesaliqnaquanti-^ 
Catiim quaE flnj in eadem analogia Ai B» C» fupponamui^ue eam progreiuooen* 
vtrim4ueproltoeiieri,rciUcet per diminutiodem quanticatuminterminisl^]|f 
acc.& perincrementameiufclem ferici pertenninosF.G.&c. exponatur^iquae- 
uis quantius L. De hac magnicudiDe L plura quscripofluot, ac illud imprimis 

Priml». An iHs fit^vne b numero im^itudinum q u£ funt in progreffiooe feriei 
cxpofitje rationis G ad F , fitic an ratio G ad L fit a!iquoties multiplicata, 
v.g.triplicata,quiotuplicata»centuplicauraxiQois G adF, aat Fad C , £L 
•maibrfitanam p. . 

$eciraao.i^ati4tleriesinagnitudinumponioteihibetj4 ^adfingutasiiaram 
qiiantitatum quse funt in ferie A,B>Ciairt G,F,A,8rc. con t tneant , fic vt ratio A 
ad B. icem B ad Q dcc lit duplicata , qnintuplicaia > ccntupiicau * 6cc. xationis 
qnamhabetpriiiuadiecniMumalCeriuslSMeifacermedic. ' 

Tcrtio.An pofito quod quantiUS L nnn conriheatur in {erie A,B,C, poffit ea 
.reperiri ia alia quddamXerieprogceffionumf ^uc tocam A>&* C> D Setiem dido 
modo compledatur. 

. \ <^iirt6.AnpoficoqupdquamitaBl.>iBvliliS»teM^refli^^ 

beri poUit^inomni ferie rropofira nofsit reperiri . ii itamultipjicelBr lUmailB. 
«Tcrierum iniofinicum, vt poitcrior lempex mcludatfuperioies. 
. , . • . A j BX 




CONFIRMATIONES 



B C 



D E 
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Cx qiiibus omnibuy^et iosjinircftuni.quod ii.iUta; Gtit A Sc C quantit<ite$ ,ca-' 
rumque Logarithmi, &: tcrtia itcm data ftt L,qux in fcrie nulLi cfTc pollit tn qua 
funt A & C quanticato$,qustntufflcamquc fcrics illa cxccndatur aut diui Jatur aut 
multiplicetur ( quodfieri poffc dcmonftrabitur ) nonpoircinhoccafuinuchiri 
Lof;arithmum quantiutis L,ac proptcrea malc propofitum eflc Problema. Acque 
cx hoc ipfoltmttatioticilS Inucnkrittus, quaconftringi Problema dcbucrat , ficque 
in ordinem rcihdum ad Geometricam conftru^ioncm rcuocabrnnis,quod nul-" 
lisvideba<urlegibaspone cotirceri. 

VtautemhifcequacfitisGeometricorigore faceremus fatis.potidima dodri- 
na Partisquarta; l.^^e Hyperbola. ex Opere Geometrico R. P GregDrrj . repe- 
tcnda hic forcj; fundamctica enim do<5rina: quc Logarilhmos compteclitur inibi 
conttnentur. Sed quia nimis longum id forct.ftatui tres quatuonrc Propofitioncs 
hifceinfcrcre, qux inflituto txjftro ^ciant fatis. Demonftracioncm ipfam non 
apponimus breuitatis gratia, propodcioncm ipfam cxpofuiflc contenti;vt quibus 
iplumOpusGeomctricum R.P.Grcgorijadmanumnon flierit, intelligantniht- 
lominusquaEnamifthicveritasproponatur : flcquc demonfVrationes noftrx > la 
quibus illx cicabuntur, clariores euadenc, naanitefiiorque fiet veritas. 

PRO P OSITIO PRIM A. 

DAtaquauisfcriclincaru AB, AC,A D,AE,AF,AG,&c.qu5candc 
racionem continucnc ABad AQcrigantur ad angulos redlos It-; 
nca: AG pun£lis G, F,E,D,C»B alia:rc(Skac nimirum GN, FM,EL, 
D K, C,I,B H,quz (inc in cadcm cationc cuoi lincis A B^ C^A A £^ 
AF,AG. 

Dico pundla H,I,K,L,M,N,&c. eflc dd Hypcrbolam cuius a()'mpto- 
ti runc A A G,quz ad rc(^os angulos Iibi muiccm eriguntur. 




Demon/lratio. 



C 



««.••I 



v 



pAtet ex 198. liK de Hypcrbola. omnia cnim rcdangula A H ,A I, A K ,A L, 
AM, AN xqualiafunt. ^ , . . 



;* 
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dV A D R A T V a j 

DAtaigicur ferie continue proportionalium linearum 0,P.QaR»S»T,&'Ci da^' 
tifqueiincis AV, AG angulumqucmcumquecootinentiboifecilfefnlincsi 
|kG innenienturpun«aaB,C,D,E,F,G,.Vc. cquibaseduaa!BH»CI, D,K, 
EL. 8cc. jequalcs quidem lineis 0,P,(X, S<c. fmgula.- (ingulis.parallelacautemad 
AV» termiQeaturadeandcmHypL.rboiam, cuiusaiymptotiUnt A V,A G- nam 
fifuniantrir&IineifflVreaae . qu£ fintaeqt&les, T^»R,Q;P»0. fcilicct A0t 
A7»A^,aA,a9, j^c Deinde linca qu.Tuis A G affumatur quz diuifa fic fccun- 
dum eandem rationem.fccundiimquamdiuifa cft AV in/j,y,^,A,«,expundi» 
autemi8,yA^,«,flponantur xquidiftantes red^ AG»fimtliterezpunaisB.C.D« 
fe,!», G erigantwrlinearquatxcjuidiftcnt A V, concurfus harum parallelarum 
afMgnabuntpunaaHyperbolica H.I,K.LMNi eriint^ue HB«1C*KD>L£« 
U F, N G, aequalcs reais O, P» Q, R, S. T. ' . 

PROPOSITIOII. 

• 

EAdem figura aflumpta, fint rurfus AV< A G afymptoci hyperbolx 
HI KN':5^'ponancur BH, CI,GN parallcla: afymptoto AV, 
ftufcrentcsquxdam fcgmcnta hyperbolica H BCI, l CG N. 

Dico quod ratio H B ad i C tocics multiplieet rationein ICtdN 
quotics fupcrficics HBCI, (qiiam'aimixiodiucis gratil deinceps voca*- 
bimus fiihcrficiem H Ocontinct fupcrfidcm 1 G; aut cpntraduequodl 
idemcft.l^co quod ratio H B ad TC totics multiplicata fit racionis lC* 
adhi G^qaotiesrupcffidcs HC conuactfiipecficiem I G^cconcfa, 




J^fiiioollnitiMian videL^ile HyperhJ!Q^ii},fins^;ppeciC debineciki. 

PROPOSITIO IIL * : 

IUdcm pofitis: 
Si linca: H BJ C,K D,L E^M F,N G, &c. iilic qaod in idem rcci- 
dit fl lincx Afi|. AQ|A O^AB» AF» A G, &c. concinue proporcionales 

fucrinc. 

Dico fupcrficics omncs hypcrbolicas H C,C K, K E,E M,M G , &C. 
jcquaics ciTc^Ec ii fupcrficics hypciboiica: pcc Imeas H B,l K D » &c. 
, " . " afympco- 



8 CONFIRM^ATIONES 
arymptoto AV parallcIasdctcrminatAr,xquaIes fucrintintcr fe, dicb 
omncs lincas H B,l C,K P,L tjixc. iteni &c omncs lioeas A B,A C, A D, 
A E, &c. condnuc proportionalcsefre. 




SEd qnoriiiaibsc ioqQies^ainbages non qu^ero , ad Lo^thmos tednco, fi^ 
ralde difparata videantur bxc a fcopo noftro , breipter igitur camdodrifiam, 

I,ogarithmos comprchcndcre, fic oftendoi 

AfTumatur rurlus eadcm figura. vSitquc fcrics aliqua magnitudinum O, P, Q» 
StT tncondau&aDalogiacxiftentium, quarunLogarithmi lint 6,7,8,^10. &c. 
qui quidem nuroericodem fcmpcr fcfe rupercntcxcclTu, fecundum ilodlrinam 
X.ogarichmicaip. AiTumpta igitur auadam bypcrboia H IN, cuiusafymptou 
lint AV> AGt-confttniaDturadeamIine«HB,ICKD>I.C,MF,NG, 8cc. pa- 
rallcIa^quiJemadafymptoton A V,a:qua!es vcrolincis 0,P,Q»R.S,T fingule 
fmgulis , quod quidcmper Corr.pri||^a.' hninsf.icile ticr. Enint i;.::irur pcr tertiam 
huiusomncs fuporficics H C,C K.K. K,EM,MG a:qua!c.s nucr ic. Vnde fi con- 
tmueturratio I C2 ad H B,fiatqueeidcm proportiODalis X c.ique pcr Corr.pri- 
huii^sad candemhyperbolam conftituatur, erit &fuperficies XB .^qualis 
fuperficiebus H C,C K»&c. vnde cota fuperfi c ies hy perbolica X G eodem cxcel- 
lueicceditiniperficiemfayperbolicamH G , quo fuperfides bypcrbolica HG fa* 
peratfiiperficicm I G ; &rurfus fuperficicshyperbolica IG codcm excefliifb- 
peratfuperficicm K G, &: ficdeinccps. Vndeloconumcrorum 6,7,8,9,10,1 i,3«.'c. 
qui erant Loganthmi magmtudinum 0,P,QjR, S,T,airumcre poterimus quan- 
cilaceshy perbol i cas X G>H G J G,K G, L G,M G,ant potitts M G,L G,K Gtl G, 
H G,X G. aut ii bypcrbola: mcntionem fieri non vis rationes M F ad N G ^ L E 
adNG.KD ad N.G, IC ad NG, HB ad NG,XZ ad N Ccurn heguaa- 
tiCKes> ic confeqnenter raticmes, Don minus xquali fefe inntcem (nperefit Accef^ , 
iu,quimnumeriLogarithmiciquiaflrumpti fuerunt. QuarenaturamLogarith- 
micamcum fu3terminorumcontinu;itjonc & cxce(Iu,videsHvperlx)lcad aiTmf- 
fimaccommodaumi vciam ioco iiumcroiuii), liceat iys partcs iiypcrbolicas,aut 
rationesdidlaslinearumaflamere. ^ 

VtigiturnosaccingamustanHcm ad folutioncm illartim <IiiHculratum , qu« 
initio fuerepropofita:, (equctcs formopropoficiooes.Acprimam quulcm.iiiquil 
exiguaeftdiffictito^etiamhicfbluerepUcuit* vttocamaceria pcr hyperbolicas 
hafcepsoiirfeaies, i^ias^iapKOpofiu, qoalque dktncepsperlcquimur i abfoUia- 



p R. o p o s I T I o I V. 



DAcafitieckilineuiiiii A,B^C.D,E, aEc.contfaiiMta iecundain ta» 
cioncm A ad B. Daca fic inruper qucnis F. 





I 



K 



SlcfericsMG,MH,MI,MK fimilis rerieiE,D,C,B,A.ramptirqueMA, MZ, 
. MO,MN,qttiefiac«<pjaletBJ>,C,B»A,erigaDturGP,H VjX KdXJ^ptfiU' 
llclaE red^jeMN, quae conciirrant cum redisNP.O V,YX,Z/?, qua a quidi- 
ftanc M L,in pundis P,V,X,^: eraothxc punda vi didumeftad iwperbolaai, 
Cttins afy mptoti funt Nf N , iAlb t ofteudere iei cur oporcet an F fic in lerie A,B,C, 
PiBtfiCC. hoc eA: in fcrie M N,M 0,M V,M 2^M A. Fiacreftangulum fuper F (po- 
liroquodN MLangulus ftrrctius) 5f aliaredaQ^, x^uate M P reflangulorfnoa- 
pu deinde M S qua: lit xquaiis Q^erigatur S R acquaiis FparaiieiaMN,erit pun- 
. ouBi R aii hyperbolam P/S^enm M R redangulum aeqHale fit M V tedaogulo. 
▼eiigiturpundumReftinterpun<aaP, & V, vel eft ipfura pundum P , autV 
(quod antcm droodeP,auc V inccilige dequibufuisduobuspoadis V X vel /3 
tcc.) Quod finiedinmeftpuDdumR iticef^,8c V.igicurreoa R SApeel^P,Dofi 
e(t aiTigiialiilisintDttferieprogreffionis b,c,D,e. hoc eftiiiierieMp,M Y,m Z, 
M A, &c. namomnes qux fequuntur V H funt fcmper minoresquim fic, V H, 
cumque R S media ponacur incer F G,y H hioc maior eft R S quam V H,& con> 
fcquencer maior quaniaUoei qase minoreft «id fic V H , quatei fiwcomnes X I» 
0K,^L,&c.fiautemcontianeturratfoVHaa PG vt fint proportionalcs VH, 
P G,A v,tuiic fieU^rQcefittsA minore ad maiorem. quare cum rc<3a R S minor fic 
j ^u^m P G muhO mmomitquam (ic A v,8cc. viKle tieqiiereA»R S hoceft Peft 
snferieracionisVHadPG,&PGadAiar, &c. manifeftum igitur eft quodnos 
continearur F in feric rationis A,B, C,D,E, &c. nifirc^ Q, aeceft M S «qn»- 
lis fit «ai Uo(»tfum pro^«iiioai$ M G ad M H«- 




♦ • 



B 



PRO- 



FROI^OIITIO V. 




Sk rurfusdatarcricscontinucproDortionalium A,B,C,p,&c. ^ 
Dicoinfinitasexhibcripoirc(crics,quaruni parccs linclincx 
B,C,D,&c.ricvt ratio AaaB fit dupUcau vcl iripUcaU vcl quiatuj.li» 
cata,vcl ccntuolicata, &Ci nuooisqiiam hibciptiiiiaadfccundtmal"* 
tciius rcrieititnibitf . 

Slnt linex tr.HiT.RmedteJllWr A,B<C.D. & fiantL,j4,N.0,P *qualcs rtdis 
A B C D,E. erunt igitur L ad M,M ad N,N ad O.hoc eft A ad B, B ad C, C ad 
t) in dupiicata r^itione L ad F, ac propterca A,B,C,D,ac.c crunt partc* feric» ra- 
tionis Lad F. Sed codem modo fi pooaitflir meditt intertmiiinoslnjup ferid 
tMM N,8cc.feriesh«cfccundapM»erUfericiiIlias tertia:, acpropterca &■ le* 
ricsA,BC,D parseritferieitcrtiac, cumoftenfafitcfleparsfecunda:- cumatt- 
tem infioita: medieutes pof&tntaflignan inter duos terminos, imb & infinita; bi- 
nar»?medi*.tcri»ri«,q«««tnaris.&c.paietferi«BA 
feriebtt9a6igP>riHe cniiufim p«s,i^pio^i»M4eiitaniftte. 

PROPOSITIO VI. * 

SlntAB^ACafymptotihypcrboUDFH, & pof^tar (Int trcs lincac 
DEFG,HC qni.irquidiltcnta{jrmptoto A B aufcrant^uc fupcr-' 
fict€«hypcrbolica«DGadGH, itatamcn vt ratio fupcrficici D G ad 
G H,eAmobtineatrationcm quamUtuJ auadnktiadluamduunctrum, 
fiuc vt fupcrficics iWx fmt incommenfurabilcf * 

Dico lincam H Cnon eflcin?!b«mnilio(e^ia quif repeiiwiiar li* 
nccDE&FG. 




SI en?m iaaliqa^ {erierationamcoafhiDi proportionalium flnt tres Illae line*^ 
ponantnreflrcinfcncrationisD tadIK,aclK adFG; FGadLM; LMad 
|i N Qad HC ita^uc com (xxitiou^ pcoportiooaies fiut D IK* F G> L Mr 
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NO.HC.pertcrtiainfcuius ernwfuperficics D K, KF, FM, MN, N C inierle 
tequalcs.vnde fuperficies D K communis eft menfiira fupbrficiei D G , & G H. 
fed G H fu^erficies ppfua erat ad fuper^ciem D G vt (juadtati latus ad eius ^ia- 
JUetnmiti^r firnuma^ekpbniUteetlrqtidd^dlarae 

(rfiaticontineat^ideo^uecxmagnitudinesrunc commenfurabiles ; quod cftab» 
furdum.non eftigitur* HC ia]rerieiQquflrepefiuoCttrdAuep:BJ^C«.Qj£0^ exi| 
Uemonltranduixw 



pao?6$itio vih 



Slnt dcnuo vt ante A B, A C afy mptoti hy pcrbolx D F H ; & iincjc 
D£,FG,HC £c2uidi{lantes afympcoco AB intcrcipiancduas iu« 
pcrfides D C^G H cdmincnfurabiles. 

' Oico D E,FG tc&ii efle in retitalicuiat ndonis,in qua poceft cihi- 
bciiieaaHa 




• Vm enim D G.Gli fuperficies comnaenfiirabilesfinr , communemaliquatti 
'jnaximamaienruramhabebClt;{iteafuperficies OH,determiaaCa perlincam 
ON pafallelamafymptotoAB i quf tertio v.g. contineaCurinfuperficicH G. 
Itaque pcr fecundam nuius ratio V G ad H Ccrittriplicata ratinnis N O ad H C 
2>ed eadem fUperficics bis v.g- repecita n^iienfurabatmperficiein D G * igitur cuo^ 
liiperficies D G bis condontt fiiperfidemOH» eciain rado D Ead FG i bis ccto- 
tindbit rationem N O ad H C ; fiue quod in idem incidit , ratio D E ad F G , eriC 
duplicata rationis N O ad H C per canJe. fcd & eiufdem ratianis erat ratio F G 
ad H C triplicacaj ergo ratio D li ad F G dupiicataeft cius , cuius ratio FG ad 
HCefttriplicata. Iiaquecum FG lineavtrique radoni communis fitjmanifi;^ 
ftum cft linearp H Q dfeinittwxaciuiaismquafiutl^ t G» qnod.ccat 

demonftranduoi. 11 ■ ^ 

Et id quideminaiu&^flSfMlfiMiit^I^^^ fauhis^ iMer O tt 

fcFGconftituaturKImedia proportionalis quz adeandeni hyperbolam ter- 
minetiir.Erit enim ratioD Ead 1 K vt N O ad H Cltcm fi tcrtio continueturra- 
tio cadem i Kad F G.pcr ratioDes F G ad L M,L M ad N O, & N O ad H C.eruc 
per tcrtiaffl hutusomQes(uperfidesDKtKF>FM,MN,NCzquales interie,ac 
IinexDEJ K,F GXM.N 0,H C ideocontinucproportionales. manifeftumigi-» 
Cuceft iter um D £,F G iineas eifein ferie io qiia eft H C»fic quitiem iufecie ratio- 
tiis N O ad HC,fiae D £ ad I K>quod ecac deincMiftia^^ 



: PRQPOsiTio viii. 

t30fids AB^B C hypobok D FH aiympCQds 4 vni comtnconflK 
AT tiMilicar zqu i d i R a n t c 9 redc D C>F GJti C » 'comioeatei iegmeo W 
cotnmenfarabilia O G, G H. 

Oporceachonmi (cgmemoiomcommuncm maximam mcnfucam^ 
efthibcre. 
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ronfirMSHo Dmonflratio. 

pOnatar minorefle ratioD Eaii FG.quam FGad H C rnan» fi eadem fit ratio, 
^ erubt fuperficies ambae «quales per ceruamhuiu«) miooricaque ericfuperfi- 
cies.DGquamfuperficies GHperfecuodamliuias. Continiiecttrratio DBad 
FGquotiespoteftjintratcrminosDE ScHC, fcilicet fliciendo vtDEadFG* 
Cc F G ad 1 K,I K ad LM,L M ad H C,idqueper Corr.primae huius. quod fi tan- 
demaliquaLMeftadHCvt DEadFG, tuncfuperficicsipfaDGeftmenrura " 
maximaauz feipfam metitnr&lnperficicm GH > c&montnesfuperfidesDG^ 
GIil M,M H xquales fint per tertiam huius. 

Quod 11 ver6 ratio D £ ad F G quantum poteft contiauata pcr rationes FGod 
IK»I K ad LM incer t c imi tK wD E0cH Creltnquacntionem LM ad HC orino-* 
rem quam fitratio D E ad FG ( maiorem enim rclinqucre non poteft , aiioquin 
Donelletferiesrationis DEadFG continuataquotics continuari poteft intra 
didostcrminos.quodeftcontraruppofitum } tuncvtendo praxi qua Euclid. 
liKlo. prop.3. inaenitcommuoem mcnfuram maximam dnarumquantitatnm 
commenfurahilium , ratfo LM adHC quzquidcm minor cftratione DF, ad 
FG,auferacur quoties poteft a ratipne D £ ad F G.donec relinquat rationem N O 
^PG.-qttcfiflBqualisfueriCrationi LMadHC i'eritinttentafaperficiesNO 
communismaximamenfiira.quodfirurfumratio NOad FG minor fuericra>> 
tioneLMadHC, aufcrntur rurfusratio NOadFG quoties poteft d ratione 
L M ad H C idque fempcr nat aiterna detradione , prout Euclides in fua coa- 
ftrudione facit, donec tandcmrelinquacaraliqusTmmaPC^adHC ^QcfiCTC 
NO v.g.adFG. Dico fuperficicm PC eflemenltiram mazimam ccmmiuieiD 
fuperficierumDG,ficGH. • < ' - l* 

Poftattemasillas ntiomim detraftiones manierinctandemratfooes vttimaB- 
a-qualesN Oad FG,&PQadHC. tum ita^ue ratio LMad PQ_multipIicec 
rationem N O ad F G , ficvtnumcris fit exponibile quor:cs ratio LM ad PQ^ 
spltiplicec rationem N O ad t G* exic quo ^uc numciis cxpoaibile quocies ra- 

tlo 
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tio LMndHC noiultiplicet rationem P Qad H C Scdrurfus numcris eratcx- 
poQibile quoties ratio D H ad N O multipiicaretrationcm LMadUC* igitur 
6c niuneris expooi poceft.t) uodesiatio D £ ad N O multiplicet ntioneiD P Qad 
H CJti^; Cufatk» N OaiiFG aequalis 6t ratiooiP Qad H Cex ruppoiito,etiam 
innumeriscxponcnir, quoties ratio DE ad FG multiplicct rationcmPQad 
HC. iguurcxpooipoteltpermuBeros, quotiesrujpcrticics DG contincatlu- 
perficteiik QH> per wcundam hatus > ac propterea Uiperfides QH mctitur fu* 
perficiemDG. lam vcroqnoniam fupcrficiesFK, K L, L Q ajquales funtfin- 
gule liiperiiciei D G per certiam huius, cum exconftr.ratio Dfiad F G continiu- 
tafitperratiotws FGidlK. IKadLM, LMadPQ^; etiamergoruperfidea 
QH metieturtotamfuperficicm GP: Ted & fupcrficies QHmetiturfeipiam, 
igiturfuperficies Qli> sotamiiipecfictem GH loetitur* Q^toderatpcitnode- 
laoQftrandum. 

Qoodautem fiiperfides-C^Hfittaaxinia mefifora riiperfiderfiniDG»GH»fie 

quidem oftendcmr. Sienim luperficies QH nonfitmaximacommunismenra- 
ra.pooatttr fitieripoteftmaiorfuperficies SH , decerininataperiiaeam SR, 
arymptotoBA|MrBllelaiDi<)acvtram2tuieconMne Igiturlaperfide» H$ 
ali(]^erotics rcpetita commenfiirac (utM^ciem G H,vci 6c fuperficiem D G.ied 8c 
DCj fuperficicsaliquotics repctita metiebatur fiiperficiem GL periecundam 
huius, (lum ex conttr.ratio D E ad F G aliquoties contmuata , facicbat rationem 
FG adLM) igicurtrHS fupcrficies commenfuracfiiperficiemGL. fed AC 
eadem fupcrficies 11 S mcnfurabatfuperficiem GH,igiturcadc fiiperficics HS 
«iiquoties reoecita, mcnlurat (iiperficiem M H. S cd racio L M ad U C aliauocies 
fepetita coofHtuebaccitioQem D E ad N 0>igi cur per fiKundiM» buius , lupeirfi- 
ficies H S aliq uodes repetlta menfurat fuperficiem DO< Sed eademfuperfides 
HS menfurafcutquoquerotam fuperficiem DG ,• igitur etiam fuperficies HS 
menfurabicAi^rficiem N G , hoc eft ex conftr. & fecundahuiu$,ruperficiem 
HQ>maiorimiiorero,<|iiodeftabfurdum.NoQ igicuraliaquamH Q^fuperficies 
^ eft communis maxima tneofura fupcrfidcfum DG,G Bt jwd fe c B odoiocpdc- 
raooftcatumopoccuic . * • 

(oroUariuMfnmiM, 

EX his facilii intelligcs idem^cfle petere menfurammaximam communem fu- 
perfici^rum D G & G H , quod pctere latiooem aliquam P Qj7.g.ad H C,cu- 
•lusi»cjonesD£adFG>& FG ad HC fimftliquocietmnld|tlicatit* 

LJincetiammanifeftumefti quod fifationttllareperiripofiitperalcemamA», 

*^lamrariooumdetradionem,cuiusvtraqucratioD EadFG, & FG adHC' 
fitaUquotitfmultiplicaia,fiipcrficies D GiG Hefie ioco m m e nfncabiles. 

PROPOSITIOIX. 

. 

DAcifericprogredlonis A,6,C, D, &quauistnagnicadineF, qux 
oonnt infcrieracionis A,B, C,D. detertninandum cftaainvlii 
lccic polfic icpcnii FiOiiiu (csiBi pacs iic ierics A,^«C»D« 
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*QoftitiiantlirfeiSfreGH.GIadaaguios reaos»fiat4ae B>aci A , icaG Lad 
''GN i tnpua&M mwm X»lcNeriguinir t,K U NM xquale$ qukkmaiic 
proportionalesluieis A A:BkpiCllteI« ver6 ad G H^erunc per primam huiusKtM 
pun<aaadhyperbdamcuiusa(yniptoti fintHCGI- deniqucfiatvtFadA, ita 
C L ad G 1 , ere^que I O acquaii ipCi F,auc certc qus ad KL eandem<auoDem 
habeat quatnfradKIwp«allcJii iiirmfitid GH^crit O ptmftnmadcapdem 
tiyperboljm. • 

DiqoiifuperficiesKNcoaii&enrurabiiiseft.ruaerficieiN OiquodFiic in ali«. 
quftferienimifiquanica ferles A,B,C;,D cooftkuipoceft vtpkrt. Si tretb (bperfi- 
cies KN) N O idcommeofiirabiles fint , in illo cam Hnea F inaiiUa ferierum in- 
ueniripoceritinqttaiitferies A,B,C,D vtpars. Quod qiiidemex pracccdentibus 
eft manifeftum. Demonftrauimus enim Prop.7. cum fupcrficies K N, N O com« 
menfiiialNletfiintffioftasK I4M N e&ia aliqua ferieram in qua poffit exbiberi P* 
cum ver5 dQasiQaErupcrficies incommenfurabilcs funtinterie, tucetiamoften- 
fum eft Propytf. quod magnicudo O X numquam poilic eafaibcri in vlla ferieruin. 

J|ase4eriemA,B>CDcoottnear« Dedioini aucem pnueim iirop-0. ttlnCoroll. 
ccundo quomodo inueftigari debeat an fimttficies KN commenfurabilis fit 
fiiperficiciNO. determioatu eftigituranFfit in vUaieriereperibilcinquaeric • 
aliiguare fcriem A»fi,C,D, «^uod erac facienduco. 



M 



A 



B 



N. 
C 



O V 



A ^intSooe^rt%digiramvidetnr«<fi<oddac&pro(^efli feriei A,V<C,0* 

■^'•.VmaenitudinealiquaiFiquodeaquantitas Cal^eilepollit, vtnefcioquo&- 
to, cxclufa iit non folum a ferie A,B, C,D , fcd vc edam ita excludatur vt in nulla 
ferie inucniri pofHc^uzferiem A B C D complcciacur vCpartc. Namcermim illi 
A 6cB» non folum aflignari poiluncin feriefatiottis A 8tB,fed 9c in ferie nicionis, 
CttiusraCioAadBericduplicaCa. triplicaca, dcnruplicata, millecuplicata ^ fic iti 
jnfinitumperProp.«.huius.nam ioter A & B,6c B$ & C^ interferipoiFuot G dc H 
mediac proportionaie9,mncalla teriesorienir A, G,B, H, C^ I, D rationit AadGk 
cuttu rationis racio Aad B ert^duplicata: irem interieri poflunc inccr A &B dux 
mediai K fic L, ite intcr B & C dua: media: M &: N,& tunc orietur feries A, K,L, 
B,M,NiC ACfTasiouis A ad Kjcuius ratio A ad fi cric criplicataf & iic io infini cum 
» at^oe 
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itqiie adeb rtap^n Jdm planib quod Geometra fibi perfuadc re cogatiir;dari pofle 
liiiea(h,aliqiumdccer|ninatani, ctiiin numero linearutn inHniticii ingmrarumin 
feric continUi propbitiooaiium , dari non podic Itnca a:qualis. etiamll per totam 
scteroicatrai f •ftKiebns femper aouisflr tiouiseam reqiufieris, mod6 prior feriei 
fcmper fit parsnoua; feriei cum camen per inrerpofitas ihediasfcmpetadclataiii 
^ magis & magis accedatur. Niiulominujt rigor Geomecricus , huQc aiTearum a 
Ckoinetriek«irii|atc. ' -' - i ifc - ^ 

Atquehincpatetvlterius nonredc Ploblemai Merfenno fuifle propofitum, 
7)Mtit triktt$ mMgmitiulmikMS , i^tipj. dusrum Logarithmk , terlii Lfigtrithmum Geomt' 
iwMxjrriplane^iiecootrauacuram LOgarichmoruniidpeti i quod abfolut^ 
femper exhiberinoiEjMXeikiiMltiicnm Logarithmi (erieiticontinud proportiona- 
hum femper fupponant , net^ue quanctcacibus affiganturi nifi iis qua: ahqueinid 
aliHoa ferie locum obtiDeoC*certd perper^ petetUr Logarithonis eitis quantita- 
tisititueiD nulB Anfeefe ^ianA io qmrdnc diaB<|iiaiiritatssdftCflM|n«nitn Loga- 
rithmifunrdaci,tatemauccmpofle efle qtttocitatein te(rKtt^dltamfiiti«ibper> 
^ oc iam eft dcmon ft r.i t U m . 

Vt igitur legitinjo modo propofituni fit Problenia.conuenicnter^uead Loga- 
fidmloruiti namram 5c exjgeiKiam»fic illud determinare debuifletjquoinodofi»* 
^veQC^pfQpofickmedetemiiiiamits. determinacum^ue exdidisiblttiiiHtti 

PR0P05ITIO X. ^*^** 

DAcis ccibus fflagnitudinibus A B C qux in vn^ eademque icrie C(»- 
tino^ proportionalium cxhiberi pofTunt « datifq^ duarum c tribui 
magnitudniibus LogarichmiS} iciilMC A^^Cfnis ^ l^Qg^chfAUlU 
. Gcomctric^ aiiignarc. 



,*■■ 




f - • 



r^VooiaJn ratiooe» A B B<!: liipp«ia»«ftl0 A^ilwi4»<«ie» 
d<iat eliqua latioe^hSberi q«i* aliqinrfce per fcipfiuniimltipBcara , produaic 
ratiooem Aad6,8r praiterea aliquoties etiamperfcipfammultipU^^C^i- 
HHiatMtiaoemB boc enimproprium eft duabus radooftwsxjtt* 
li«rcftnftimr- Iiiileniatlif^mqueperodfauiam(Kopofitionemalist4t^ ^fuae 
«crbi-antiadicarttr efle eadem cuni ratiome M N ad L F / ea babita , inquiratur 
«motiesrarioAad B muWplicetrationemMNadLF: itemqUotiesradoBad 
laaliiplicct eandemratioocm M N ad iJktgAWatfUinmatmif^ ^ m 



O0im]LiUTlON£$> 




fjuotic*; ratio A ad B multiplicat rationeinM N ad L F, n d numernm qtil figniS- 
cac quocics ratio B ad C multiplicat racionem M N ad L F , ica differeacia imfs 
Logarithmos magpitudiiiQin A 8e B > ad di Areittiaiaiatcr Logaridiiiiaf magni* 
TiidinumB df C, quarei:umtriftCXi}Usqiiititi9ra£%Mtftfiii^iiamqiiattim 

' tumefleoportebit. * .' . * 

ExemploresfietmanifHlior fifeciitidumdiidritiainpoiican^ad bypetbolam 

conftituautur rationes A B,& B C. 

Sint ita^uchyperbola: afymptoti P Q, P Fangulum redum continentcs i Sc 
fiat vt B ad A, ita P H ad P K, vt^ue C ad A, ita P H ad P F, aflumptis deinde re- 
AtsABC erigantutorthogonaliter«lpuoaisH,K,F vtre<aie H G, KLI^La:- 
quales^Cnt lincis A,B>C. Quoni.^m igitur cft PH ad P K,vt K I adH G , & P K ad 
^ F, Tt F Lad K 1 cx conftru(2ione, igitur re^aogula'!P GtP I>P L intcr fe xqua« 
lia tmt» ac proinde punda GJXad eandem Imierbohm fiinc » cuitts aiympcoii 
PQj PF, Ponunturautemlinca; A.B,ChoceftGH,IK,LFcfleineademferie 
altcuius rationis.igituTcommenfurabilcs funtfuperficies G K, K L. communem 
igitur liabent menfuram illx fuperBcies»qu« pcr udauam inucnta ponatur efia 
luperficies N L, qux vcrbi gratidquaterfuinpCanimirum LN,N R, R V, V I 
adarquetfuperficiemK L. & bisfumpta ndaquct fupcrfitiem K G. funt igtttir fu- 

fei^cies G Y,Y 1,1 V» V R,R N«N L squalcs intcr ie,9c quia totiesratio GH ad 
Kmultiplicatratiotiem MN«dLF»qnotie$ fuperficies GK €<oncinetfitperfi- 
ciemMF.igiturinuenta P Ymediainter PH ;>:P K, erigatur YX normalisad 
PF,vtfitredangiilumPXxqualcPG. cnt YXadhyperboIamGflL, erit^ue 
iiiperficics G Y zqualis Y I fupcr6cici ; ac proindc crit iuper^cies X K aeqiults 
MP« Scfifiatvt Y Pad HP,ita H P adp £, erigftCUr^ueEDvtreaangulumPD 
ficcquale PG, crittterum D ad hypcrbolam G I L, & confequenter enint in 
cootinua analogia omnesjinea: D E,GLI,X Y>I K,T V,R S,M N,L F,ac proiode 
ftperficiesillisnneisterminatiesBqttalesiuiic. quareioperficies DF eodemex* 
cefiafupcrac fupcrficiem GF. quo GFexccdic X F,& quo X Fexcedic IF,fie fic 
confequenter. V ndc ha" fupcr/icics fupplere polfunt locum Logarithmorumda- 
corum quare fi Logarithmi dati funt S^tic S.eric (upcrticics M l- ioco Logartth- 
]lili<,&rupcrfiCfesTFIocoLogarithmi lo; fuperficiesverJi DF LogaridionM 
eftquiinqniritur quanticatistertijc. Qjnn vcro perhilx-nrur tria dfe d.ita , Sc 
quartum inqutricur,airu(nacur pro primu numerus fupcrficicrum aequaliuro • ia 
. quasdtnlfiicftfiiperfidetGK.perIioea«X7,;qui.eltA. ^ lecundofiiiriitqr 
.numcrusparrium xq(ialiuih,(ecundiiinquasdiuifacftfupcrficies 1 F, pexre<ftas 
T V,R S,MN, qifieft4 ; &prbcercio,fumaturdifFcrentiadatoritm Logarich- 
^ rooi:um^,& lOjquzeft 4,iaaiui£ificucdiuilacftfuperficics G K, fciiicec m duas 

* * ' - partca 



H 




Mfiet xqtu1es.Qyjtmiin igitur reqairitur,nefflpd in numeris interuannm, qubd 
interiacec inter Logarithmu C-quodquidemhac ratione exhibcbicur. Fiac 
vt mimemt partiam in qnas diuiia eft fuperacies G K«faoc eft t,ad«numerum par- 
tiirai faqnaiditti&eft (hpctficl«lftlMKeft4,il>d iRre ii ti> Ijp ^ 6» 
^o, quzcft 4,adquartumnumerurcilicec8>8cdiuidaturdifferentia Logarith- 
morum A & B, vt cft diuifa fuperfides GK > nempi bifariam in cafu noftro , 6c 
Logarithmus medius inter Ae io»repertu5fit 8 , nabebicur^ue feries Logarith- 
aorum , in quo reperitvr Logurhbmmqai reqidrirariniiDiraiii iSL Nam (i diui<* 
datur differentia inter lo, » i8> qu^ cft 8, rccunduin numerum 4, quero exhibuic 
diuifio fupcrficiei I F inquatuor partes azqualcs, inucniecur qu6dLoearithmns 
qui quartoipGO fub^equitur Lc^ritlunam feriei 8 ad lo^ui eft iiAt ille qui po« 
I t ah t mfii i L Ssltamai^immMbkua^ 9Kt 



LECTO- 



LECTORI BENEVOLO, 

Abet tifc» Urait^tjeiAbri rotutlbii^ ^Uetttttitl KlfTMVlfe 

Mcrfenno propofiti • quod quidem Quddrarura ipsa difficilioreiri 
fblutionetii rcquirere ftifpicabatur • &: ciiius (blutione exhihita ipfiui 
(juoque quadratura: (blutionenj Geometricc expeditani taccbatun 
videsauctrmquafncxflftepetitionieiusfadum flt fa^s, ciilin 9c etTas, ibqtto 
rroblema crat «<^'wr«i', dctcrminartis iam fir, defignatum^ne prxtcrea quoca- 
iu loiui pocucric , ac UQdeXD.legicimu ptopoiiiiun« Geoinecrice« quod peccbaQi^ 
f^eric txpedjtiun. f n-i • 

Forte quidem non adeo inepti, nefciet quis ciii vfui Prohlenuilltid eflepoffit 
prour pfoponitur>ad Dimenfioncm CirCuli abfoluendam ; yercim vt vt fir, cum 
id a Gcometris , poftulari tclk tur Ccnfor f opcra:pretium exiftifhaui me fado- 
rum, fi vottseonun hacin parte facere fatis. Nam«|iittDuisadQuadtaninine»> 
bibendam cuiquam viderf pofTet minus conducere,nec admodum ^n rem noftram 
J^erehocmodoqus pecitur folutio, digaatamen hiicquje GeomctricdexpedN 
retiir>jprji;fertilncumfinedfibi61miiteDnm idquod quodamis 

• cafu» lcd iam k nobis determinatn, prorftu erat miomtft. I4 qy^m tcth cum noi| 
nifi ex dodrfna quam fubtiliffimo Opcre fuo Geometrico expofuerat R.p. Grc- 
gorius, fuerit dedudum »fcminaque'inibi tam ciicnc ia<^a t ex quibus folutio et- 
jimilliusProblematis, felaci^iiedeitloaftmtiopoterat « imdrdebebacfbttafilf 
educi , in comperto ram eft,nihil etiam ex hac parte defuiflc Oprri illi prorfus ad>; 
fairando,quodadperfe(£tam,abA:>lutamqucQuadratiu^a: dimcnlionem require» 
|>dtiir.AtqHeboc modo GeomecricMm quod fuit in Ceofiira iMa , quodq[ue vnic^ 
tidebaturrerpAiifene4)igiittm»Geoffietriccexpediuimus< 

AHceteraCenfurie verhaquamuisnondcficquod rcfpondcam,^nerjeprctitrm 
tiniea viium nonfutC4|^uiSEerum ieftiinatonbusquidquamreponerc>apudquot 
prasclariDilm} Geometrae &ma eiutedi imlMi^is fi^fcumri QUlifm^ poceftipr^ 
fertim cum D.Grcgorium Nyflenum difcrte elecjantcrauc proclamantcm am 
diant, DetUciu effe vtrofrudeHtit noafant conuitiitm audtre^fea e4 ^h» ditHHttir conuitis 
retorquere. Quud fi iaprudcntem virum cadere non pofie iudicet verbis vtalter» 
cetur, vcrbiiquevcrba tantumvtreponat. certc id longc a ReligiorohomillG 
alienum ciTe deberc potiori iure iudic.iurcgo,iiidic:\ntqueillrquorumeCiamiia- • 
tusobfcruo, cum oon Anealiqua charitatis Relieioia: rmminutione Sr difpetidio» 
id ipfum prasftsri poisit < 'quancumcum^ue modeft^ eiuftnodi diAa exagi tentur. 

Addc.quodcumGeomctricafithaccres,Geometriccquctantumdeboeritcx« 
pediri.mearum partium pbn^ non fit.imo nec Geomcrra: vllins, legcs a Geome» 
tril pra;fcrrpiai velad fatum vnguem tranfilirejhoc eil<auidqnam praeter verita«- 
fispropofitipBem, propofitvque dcinonftrationem adterre- Dtioumiam noNs 
Iimites illosprieftaniifirmus, Anriqnit;uic[uenotus Ccomctra Sercnus pra ftitu- 
cos eile docuk PrariaLad Lib.Frimum.«^^ri«m tnim,\ti(\\iiX,ommHo yidetur Gt0' 
mnrtm de PnUnuig Gtmarin fmt immUnHttte quidqitom t^rrtutrt t mn^tMim 
frtidMitiO' Jtne vUatrtifiemh ^HfMnitJiempmMeji. Qua propter#ne fice^ Iimi* 
CesiHostranlgrediar, perperam^ne multa de Probiemate Geometrico hne dc- 
aionfttatioae vllaaffirtmntem videar iufeiilari, fuperfedcndum mihi fuit labori 
illimequequidqiiam in defenfioneQi R.?'Gregori; vffum eft apponerccum eam 
ramluculentercoptofcqueipfjpropiifrnet, im6 &diudicio Merfennianoplanir- 
. iimc abfoluit, vti^iam vidioMUy quse Gcomecris omnibus veoerationi eiiedebec^ 
.Aptiquhai. V ; , • ' - - , 

, ADaquioriimver6veftigiJsinh«rererdeinonftratk)nibuf^Tiever6GeQiaar^ 
cisrem vrgerecum fibi propoficum remper habucrit Au<^or>nibil admodum mo- 
uccurdMi^istUiscxtrarem, hoc eft,pra:ter meramGeometriamquac fitnt. Ntm 
liim|M|||[/^rrrrftf 7riirrixiii'i ii/in iiifiiiiif nfnrriiiMirffifii/ : nec fanc pati ceolca* 
^m^^^HiMBioiieciir* red& gmdqiiam pati columnam fiia mole ft^r»- 

leoi 




tcrA qm$ exiftifllaucrit, Ci lciii perftritigarur afflAtii. inconcufla cum fitManet in- 
i^uaculia veritasli verbis taniuinmodo impcutur«'pra:iertMacu,iaapudvcritatis 
fndtgtttiHes ingeruntur, eaqaeinciMin, in quaooa tunidiMMck aiiAorifitSt 
c]uam didoruin ciilucisiAyxadta^uc demonilratio »inoinraCttmoMliepcNkhifi|u0 
iolctadfcrri*, imo airenrt]m,etiam inuitis, extorquere. 

Vcrumaucturitdtc ctumagcndum ii ibrct, plurimaAdmanumfuuc Geome- 
tnltam eacomia , quibus prcinocifitiDum virumextulcrc iam pridcm,qaseque 
tion cx Hirpaniamado, Itjli.i Gcrmani A, AngliA^D.inia, imaa«: ex ipsaGatlili jab 
Opere euiilsato, perquamhoaoriHc4 f>cri'cripscre j eaque )m etiam toi^appa- 
racu poflinnlii(erere, fiMTiridelefiuli|ueraiiif iiKKleftifiim^endendspai^^ 
cur modeftift*infignifc]uc qo^priere tulitfemper*animi fubmli^io. 

Nequequismilii fucccnfcatjauAoritatem ipliusvirl ramben^ dcGeomctria 
meritithac ctiam in cauiJU, aucionace & ccrtandum eit.aud^koritati ii oppoiueco* 
Ceffiviris cl\ qui a quinquagincafnt&annif indefttigabilipland ftudio,conftan- 
CiaqueprorfusadrotnuHla GLomctrisc fempcrincubuit : in Bclgio,Auftria,Bohc- 
miA,Roma: mulcis iamaonis cclebvacos ; Geomecriamnou fcribendo caiuum< 
led £c docendo ita prooextCiVC difcipulfeifiaiion LonanijmodZMedft Dot»,Mo- 
mftet if,Pnmtt»Gra;ci,Madrici alijiquc locis Klathemitlcas difcipHnas citm laode 
docucrinti partirodoccantctiamhoc tcmporc:lnterimmodcftiis adefe» vtcuni 
cum Archimcdemalterura alij,aUi Apoltonium >Magnum Gcomctramaiij iitte- 
flriofcriptfs, & nOliimmerito pairtmcompdlcnci^ id ipfum nooflnerubQrepet- 
iegat ; quociquc mirani.ium magis , nequidem illi vt fucccnfeaCiqnlyTtWiliOlun- 
quamiit, caicutoquantuniuis nigroimmerentem.deiigturin 

Sed q uid hxc altero, cil m res ipfa clamet cacent<Nfltei Cert^ PrQWNtionalica-' 
tum liber» «uHimi aaQom exhibuiffiic AoAor , eiufmodi vilus eft iimmi^ virisii 
. co/qncmorus animorumexcitauit ,vtnontantiimfulHi)i4Jinii Gcomerrar ingc- 
niuoiprorfusobftupucrint .fed dt plurimumei Geomccrum ipiamdcbcrc inge- 
fMtMfelfi lioc Ikpifts, vtpote q ui ilHttslimllbs» iiottam q uafi ioattdicamc^ ue ef> 
f formando GcomctriAm , tAiuopcre prouexerit. Cuienira hacftenus inmentem 
venit de rationibus limilibus dillimilibuit^ucperindedifputarc , rationumque 
quiniQK) rationes > eciam maxime iocer (ediflidencium > compararc, reducere,ail- 
^iP,decruncare? Idoetff^nufaiog0liiH»iMfii|^ eft R.P.Gre- 

gOrius quod alius nenw , Proportionahtatcfqueptimus hoc modoGcometrice 
Cxpofuit,dcduxic,CQmplaiiauic.Q^cerfceiufmo<di rerum Gsomecncarumzfti- 
natoribos nSkimfixK « v{ lllterpi^ciitiihai inuenta merieocelloca- 

ri«', iudicariot4iwiiHiidi*niip£un«irogk)riamdecnlMscficopitt,aeqttid^ 
cuperc. 

Quidalia memorcm,qa« coto Opere pailim occurrunc prxdariiEma ingenij 
HtoilumeoiMtiuB^aeAotiqaicati nibtiquidemdetnlmni^atDihHcedunt^ Certe 
Progrel&iones Geomctricac.etiam in infinitum excurrcntes ,ad Gcpmetricumab 
iplb redadar funtrigorem!»c<prminiique quod mirerc,etiamcoQciudc.Varia ex va« 
tio Mahorum InPliiitt diliftii nonaduecllifiguntttr corpora. etptaitiintnr, cubao- 
tur quin im6 plurinw,plera4ue vero ad corpora reducuntur qu« notam habeant 
bafim,altitudinemquenotam.ScupendamiilamParabolKcum Archimedaia Spi* 
ralifymbolizacionemexpcimiti quamprimus Geometrahic adinuenit, Scaban- 
nisquatuorftTlginti diu camen tmb iieinueotamcumfummoGconnctraruni 
applaufu Romajcxpofuit , quod diiertis tunc hac de reconfcriptic littcris , tcfti- 
moni)f^ucplanum^cercp<^umcumoputfuerit: dtlncid^ autem demooftra'» 
,'SM^am.prorrttt ab Ardiimede Pappo^ue propriecaCeflbqoiallNlMiiraliftftilaitt 
Spiralicompetere» (compeniiKaucemplan& admiranda: } qusB nonruo modo 
ParaboliE accommodetnr •■ a<icb vt Spiralem A rchimeda;ammerit6 qnis dfaterit 
Jfarabobmeireeuolutam. Vngulc: fcu fegmenti cuiufdam cyiiodrici cubationib 
^liabraBifiiptrlicieicamexoticae» vtqtut toca femichrcutorlemfonipfi^Ae ckuMU* 
tur> areamquadrando determinaritm6 Vrigiila' huius,qnod miraounturGeome- 
trx,cum$f^a;raiymmecci><>i» oinniinodam^uc concordiam |N:imus cxponie< 
Sphaert^m^Cooqiidiiim item PaiabdlidQfiim , Hyperbolscanim^uepcoipric;-* 
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tawsprscipUas apcrtt. Varjjsexpeditifquemodis 1'arAbobmquadrat ritnoi^ 
Hype[tx}laiziipiamiaca<^lAinlu&enus indomicaaaque tigurain.>Q Q^dfumcO|^ 
git. iuciiiidiWM>)d]ftrttfifsiiittf^ue Conoatm 6c C3onicttnii» leAiobumt 
Givculofiumi triaaga1orum> redAtiguIorum, linearuoique } proprietates inueait,. 

dcmonftrat, acdemiime Conofuoinquo haifleimsdclituerant , dctradlas , ad 
piavOadcdMOC} verequc Gcometricis tcrmiuis tandem cut>cludit.Coaicaruin vc- 
tiie^0aavBadoetnnAm^ abftraram hadenus, 8r non oifi rammis Geometris pen^ 

ll«yi|j€XponitaLlc6 dilucidc , vt nullo ncgoiio Cmc vflo Apollonij adminiculo, ih 
quouisOcomctiii uoa miaus quam ipCi liuclidts clcmenu percipircdK: poisiocji^ 
(i^ua: cerie omnia eiurmodiquimsxquusarbiterefleiudicabittTtc&m femmiti • 
qaiburuiscumpbni po(sint : &liccculiaefle nonagnofcatfivtaiMS vous aliquis^ 
totacert^radmiranira ilthxc eftretropofteritas,gratulabiturqueI>uica;uotalcm 
quQdtuleritGcomctram ,quem Antiquitasipia > etiamfi QuadrAturam circuli 
non!actigiaetq.uif|ett,noniminerit6'roumvdliet. . >■ . v..-^ 

Etialjisomnibus,qu6d m.igis ftupens nc Propofitioncm quidcmvnicameiCf 
alieoisi}uallhorculi$ftudioexccrplit, (excerpGcautem admodum {laucai j <}ttim^ 
non immntat^ demoiBftnitiooe* aut fi Problema foret eti«m cooftruAiacie 'mub!^ 
t^ propriam ^zccrit ; eafi|«etnmquoque latukto Aiidorisiy>mfoeiAttAoriac«9^ . 
<epiaireferat.Studio,inquam,fi excerpferit namvti limitatum hominis ingc-s. 
niumobneil» iupiurcsiaeaadeinvericatemiacurrerepotutlTci nuaucgamus»^ • 
l4%eiiiplacet»4uid Pag.isi. ingenue proficeacar.vbiieioSetenifpeculariociOnt^ ■ 
iiiciJilTe vidit: fedingenuc nimis; cum plurima ifthicfint A Scrc-no noaprop6fi^| 
ta,omniaver6alitcrdcmon(irata. ItcmLib.z.adProp.j^. cumeaiBjproptwcaQ|^ 
nem& Cbuiaexpoiitam , alio tao^n quam ipfenKido expediiOec , diiettis verm^ 
atfericfiiamncBeffe,rcd exercitijgratia irefolaCam.tumrubdit: Neijuteumfuiin^ 
fofitiontm Halui meis lnt^hrAtienihm inttrfcrtre , t^uktn diuerfi iifcurfm demon[}rttt»ne 
tatAm H»n ftcerty vtlAu^lorisntmeit in fnilicnm non frotuiero.Nc propofitioueni qai«^ 
dem vhicamedami (eaUcerdeaioofttatnn,abalio propoiitarood61it»fiae Ainii; 
i^^oris nomincprotrudcre lc velleait; abfitigitur,vt rcligiofilTimum Tiriin^ do!o- 
maioc^uisrulpifieturnomcn illiusiupprcfsurum >fi itaetiam per vmbram lelcha^. 
beret res, qui ei nouam fpeculandi materiam fuggerendo , facem ad Quadratuni^ 
adyta refcratKla pr^tuUfset. Konalieoisindigetfulcrisqulniole ftatlua; oe^il^ 
alienis fefc plumis putid^cxomare dcbet is,cui domi e(t non curta fuppcllex.qaa 
plura ctjam v ulumiaa pofiec cxoroare , qucmque vita citi us quam noua; in GeQ>^ 
metri& verittWfelKniaqoeehiCfibNMAdi materia deficieoc. Qyod % ex vngucl^ 
dignofcitur&ell^extBJiopecelUkiisiiiiaP. firrgrrrij inrYhinfti4wrTrnilf1«||liiSi 
cabitur. rv , 

Ilxc vcr5 qux pablici iuris iam fecit tanta cum fint.tamquc varia, (ipit Qiirar;, 
bicur quisintanummotem Opushocexcrcuiflc.cumfiagulx, quaspan)o < lwjb 
recenlui , materia:> iuftum Volumen ficquafi folitaric editx conltituere potuifV 
ieocftiamfiid Q^draturas Circuli uullo modoiuifiencdireda:. Quid^caa^ 
qQcnit finnil eclif-cerc6 argecevaureaq; fuppellei: vnoTh acrfo^ciau^4eci(^ 
tedifpofita, maioremintuentibusailmirationcm itigeH^quimfipeDnartes^A^t 
ilra(^,varijfquein conclauibusvidendaproponatiir. '« 

Rurfus autem quomodo materi^ ills nadenus intai^lx , aut obfcurius fatteQi 
propofitasQuadraturis red6adhiberentiir,ficVtI^dorum animis nondumii* 
iatis imbutisplenc {atisfacerent,nifi earum natura penirus eirct cuoluta, enuclea- 
ceque pi-opoiiu i id aucem nullo modo ^en potuidet , nifi aiuicariuo propolitic^ 
ijtialqiianiSLrragiaecoii&rdrteturhM Prfleahvfan^m quiod Xibro f^ 
iCundb prxmittit AutSorfi placet infpice, illic confilij fui rationcm dat /icbapo^ ^ 
:fr4/ins (tker^nemJtFrogrelfionihusJcrihimiUfOmnino nectffkrius ejl adfierneiiim vtsiif^ 
jjtfkmininiut Circnlo *d quddrM/nm redstcendfi. Ntm itd tttmen hoc velim inteUif^ai , t^^ 
Jd^ei ^mnine Propeftiones t qudin to/e eim defmfitf^rinntnr , ad eum fiKemrequir». 
.tredas , fed quodfme rfn hitim hhri , quoAi pMTtei m/txime prinrrpnles, di^cu/ter dd yJiu 
fumftirnemrfquufflfa ; exigfkdt diit4iH.fyu^t. JUiai-^t^ » Adde^rin* 
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maf. idrm dtffijMentibits Lilfris iudiciumferrciligndbere, 

Vt ciarius umcntadi raiiouetn exponatp,dicatuoniRia.Geometris rcribcban.. 
tarhcc* qutbusn6nfbbQttadrarttnd'rculioi«yiiim6aetaiKifxpler. aliinaol- 
^iielubet Opus hoc, Dimciilione Circuli hiiud inferiora , vti iion femel a multis 
iaqnaQnis virin Ccouic.tricis cxpeditiUimiis Ciuriftophorus Grienbergcrus So^ 
^ietitis tefu , pabNciAre licccrilqoe R^fl;^'ofeflu9^eft i]U^ pra^terquam 
^addad Qu tdraturain manu dedooerenc , Sc quafi viaoi apcrirent , non miod» 
rcm ipG pl.uifum , tinim ( Hudraturam(irebantur , cumeapl.in^ forent ipfius 
tunc^UKicnitudicio, nuncautem &; plurimorum«}ui iinc partiumftudio rem» 
prout eft, dfindicant, qu« cum Antiquorumomntttm ehicubnitiontbas potenoif 
comprtrari. 

iam vero quts mcrico id scgrc ferre potcft , QuadRitur£drcuIi nomen Opcri 
tam admirando fbiflc pra:(ixum ^ Quadraturam certe ii dederit , non pottrac id ^ 

modcitionbiis explicari verbis» tni6 latdignis cxponi voctbus baudqaa- 
quam porcft. Eani fc deiiiirc Au<iior , cum Opos cderct , plan^ iudicAbat , iudi- 
catquc eium nunc,im6 magisquotidiecontirniatur in fencentid, quidquidali- 
qaiibrtafl^i^af8,'nefcio qu6rcrupulOkibnti4^ Vtquid ergo nonplane loquo- 
retur > viquiddiitorquendo vcrb.i, ntmiumquc moliiendo ieatCDCiami iniiiiua* 
rctdubitarefe,qiiaficaufa:fiia' vllomododiriideret.* ] 

Qiiod li vero criam theorematicc tantum Dimenfioncm Circuli abroluifTetine 
tum q uidem qifidquam foret , quod elaiiorem eflclibri titufum quispollct crimi* 
mri. Cerre Thcorcmi fnum Arqhimedcs ,quod tribus omnino propbfitionibus 
expcdiuic, Dimenlionem Circuli fiueQitadraturam mdigicauit. neque quiiquam 
id ei jl' coti antii^itftilte*¥itio vertic. Potuit iesque tres iTlas propofitiones , qac 
clegancillima: liccc fint, rolumTheoremacontincbAntDimLT.noucm Circuli in- 
fcribcre Archimcdes, nonpoiccit verp R.P.Qcegoriasfubnlifsimamillam.tot- 
^ue intplicatam propofitionibus demonilrahdt viam > qua vcluti Artadaa:filo 
Thefeusaltcr hibiefynthum ade6 fncricat.^ ingrcnusQft , impedical<|ae lemittf 
lalwrc imnrobo, cooatuque plufqnam HcrcuIi.'Ocxp!3ciiir, f^cltciratenutemfum- 
ma ci^uts .tperuir* eam inqiutnaon^PtKit pr«i|iifo Qiiadratura: titulo Gcomc- 
tris porr igcre , ac velttttin manasda89>^^ 

■ Vtvteirctj Quadraturamque problemaricc non dcdiflet Audor, fcio cgo 
fciuntqueremquiexcuflcre,ipfamQ^»adraturx inucftigandx rationem, tnaio- ^ 
remapud Gcomctrasadmirationem excitafle,quamipfa, Archimcdxx infiftcn. 
dovic, eiclrifaicioQuadraturarpotuifletcxprimcrc ; maiorcmqueapndludiccs 
non prxoccupatos partium ftujio , fibi vt Geometrx fubtilifsimi famam , exifti- 
mationemquc pej>eri^e , hac methodo <^uadraturam quod indagarit , quam quod 
ittoenerit jnaenfri eam ppcaifle noii nurantur Geoinetrae i \Ac verb viatam in* 

j«iditl»numquamqueexpeftataqua;riquod potuerit, idenimver6nemoeft'qui 
iionobtupcfcat. Delcdiutoni et!.im fummaicftG.eometrisvidcre , aliaexparte 
cmcrfifl^c %eritatcmhanc,qu.e in Geoinctria: latebat fundo , quamalia expcAa- " 
iKintemerroram. ficnelcioqnidiucunditatis affcrat, alio effodi thebnnunkHXV 
inucniri^ue gemmamj ^fut dio pforfiir, irrito ftudio ocqnidqiMm qucre* ' 
hatur. , . ^ . ■ 

. . Qiiod fi quid tneerim occurrerit alicni miniks quod placeatmiimf^uc quo<{ 
£iaatfiitis,tudicium certe Geometrtcumoondeclinat Auftor; Gcometricum' 
modo verc iJ lit. Vti enim fc homincmnoiMt, ita 5c nihilhumani a fealienum pu- 

^t.pracqmtiimo vc fcnpto typis editu , agttccur potmsdifcuciaturquc res,quam 

iSjrtliiitQl^nr^ure, perhominiumora voUtetncfcio quxfiimaobrctirior «quc U* 
cetnoneuertat,obnubilattamenapudhorum ignaros ,aut apud eosquiSns non 
vacatfinguladifcutere» oblcuratque famam celcberrimi Geometra;. Quodit 
quis typoriim difficnloitem refugiat, liteeris eert^ fcriptis, commodiftimd confi- * 
dtes tota poteft. rufficitaucem GeometraB efie. vt gnltiisime fint acceptiiU- 

. mie^yCuiufcum^iiedeinttnetiamigaotiP.Gregorio licter«» noui cnim hu- 

, * C i nuaita* 
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roankat^m facilitatcmquc vin,fortAlsisenucleabitur (ic magis ipfa veriras.eluci- 
dabitui quc h quid obfcurius , vt in re uou^ ricriallolct , occurrerit : pluraquc eo 
pado inluccm fortalTc venicut, c^ua; in tuudo ignorautia: , non ftnc Gcomctria: 
detrimentolatuiirent.Vcrum Geomctrice, fi placet. agatur rcs, per nudas verita- 
tura propofuioncs, dcmonftrationefque; ncque plunbus opus cft, vbi veritas fob 
inquiritur. 

Qijodfi crror detcgatur , tantumabcft vtodiumpari^rafit Vcritas , qubd 
quidem apud inanis gloria; futiles captatorc* , vanoUj|ue locuni habet , vt gratias 
ctiamnmpliinmasBeiwfadonfuoadurus , lubitiirufquefit Aiuaor : cum euim 
fummum malum quod intcllcdui potcft obtinjierc , litcrror , certeerrorcm dc- 
texiHe, quod plane eum fana: mcnti cft HetrAxiirc . non poteft non funtraium cfle 
beneficium.atqueitaapud a;quos Vericatisindagatorcs, a;ftimatorcfq[uc, Veii* 
casamicitiamparit. 




»1«. .1 , , V, 
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PARS SECVNDA 

. QuS Propofitionum j* 5; 8. u. 6c 54- 

Qiye Lib jo. 0|terh Geometrici 
ft. GREGORII A VINCENTIO 

C O N T 1 N £ N t V R 

P R iEF AT I a 

Voliitiddin }ngcnia>quipt-o AttHo qno an QUadfaitf. 
»tiiiCu^cii}i mebobtttr j &«ltjio edm $c deoii]etiio& 
' cjcaminare volotittinti^ttttateffl^Qc propodtlonani^ 
flkicalcttlo$ rettoetres tdHemntPf opo(itioiie» qucaalh» qiueiti 
librdid Opcris GsojMf^Mct Kii P.GiuiGOiiix occurr^re i ca$ 
ef«iit (jttas^ moilb phefixl, f . 6. ^4 8* $¥ Qnadtatiiiiarom vt 
italoqttar fondameOU 6c |»acfi»« Quae quidem » vtiipndlffimn<k 
lem qttod reseft, brettiflTin^a; quod^nt» obicnriores^fiiiit^heqtte 
ftdebad pcrcipiendumfkcHfiFifctaineneittifflodi»vlfivdaii^^ 
mum Ab earttmmcnte defieaai i iiataiclthtlnertores^liaiidcofl^r 
temnendos Ledorum animoi ittduccire > ptotttid nonnttflis 
Geometris tet^slaccidiirecom^rioLScdqQottodo AttdoH id 
ttenieminddi(repoierat»oon eomodo intei%ettd^ propofi* 
ttonetfiiflii^quemeainimndnirafetteiiatttvefbtfrnmienrttsiiit^ 
nirae radolium, de quibus agituri accommodatiis^ ^ 
- Vifiimita^ue fuic c re efle euitiobicemtolleti^ tenl^tt^ Ipfiiai 
fubaHtatefui fanedifficilem i diibtto veiitatisfed^^ 
percepto magis intricatamjquoadili me erit/paucls compkna^ 
re, Decuiquam baceatpftrtep^ftbilcinliciitut inora^ l>leque i^ 
^ mepr^fercim actentariquirqudm miretur^atgt^ye fetat: naifl 
' licetAudor ipfe materias illas fufius elegantiuf^ue a!io quocl 
moliturjvc dixi^ volumtne,fulceperic explicSdas^non tidebacut 
tamen diurids cxpcdandum , prxfercimdlkmhiec fefe occafid 
commodttmobculiifet» iaris&ciendi eorum defiderioi quibui 
-bife inpartc aliquid^praecer datajrequiri videbatnt 

TtQ4 
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Procbdmus ertckaqamadMUs MCy^ qu^^ P^^t^^^ilSKtlt 
ri Operis. ^ Oitfnium vcx6 qufc ddi«ps di^^u^f jm j^fumj 
ex ore Audoris acccpi, ncpius qui^mnon vno:^&p^,nec' 
vnomo^o ^ladioper^ abeoexprciTum y qucm vcpcrcip|fl^|B| 
viAisruniftumdeniqueprouc mihiquiilem vict&ancafiiiMK 
«nda^exporuLQttCf&LedaTiBenduoIoai^ 
fecerincfatis, idcerccAudoriipfi acccptum rererfc:ob(curio» 
ra ycnb^ibrlan fveriuti id mihjhomotnc^dicribjrvQlo, qot 
reni (ubtillilliihaiii-i calamo faltem exprimere» noii vfque acieb 
fdicicerpocuerim. Forca(nsikfiieQertcqiamei|itdligac. Pro* 
poficiouemverb ipfamyqukn vnicam pono> quts prima&on* 
tcQon perccpericy Corronaria ipfa fedalb perubftigeCt&cam de« 
mum pacebic felicicecni res hieric euoluta. Rem iuque proat 
poirumusvOtdianittr* . 

Atque aPropofitione quinta& fextain quibus pttnu, Im6 
Vtpaccbitivnica«ratdiffica!tas,aurp}cemur. 

Prop.j. ita (ekibet. Datdptratio <tA ad, 
A ^uamtMaliam quantitatmdimjamm Bt^ C, 

' ■ ♦ Dico quod ratio A adB excedat rationem A sd: 

ratione Cad B, Propontio verb hanG. 
dcftrucrc vi(letur,qujc (icfc habct. Jifdempofi^. 
tii.Dicorsmnmji^B CaqHmmimt44tdB,mkmsmm»€C 

Iq his verb propo{itionibu« ciim contradi^io prima fironte 
;ipparerets$cholion beoelongum adicdlamed, in quo&feofus. 
carum exponitur,& concradi^iodcclaratur. Vcrumcum &iU 
lud obfcuriusadhacvifum (itaiiquibus,Propo(icioQeshasdiMS» 
autpotiusvnicam» namreaera inideminciduntvtaox^pa-r 
rctMt»Mccxponimus Propofittonevnicarpontam^uedemoti- 
ftramus : ddode per Cofollarta/ex hac vnica propofitioncde* 
ditda»rem totamcxpltcarous.Exquibus Uquido apparebit»qao- 
rundamdubia, quacddnceps exponcQtar » exdiftorto cantikiA 
huius veritatis fenfu ortum duxiflc *, propoiitionem^uc ipfam < 
illiam qu^m bicelid^musfenium, haben(aondebui(Ie«imbQec 
potttifle fecundikai mentdn AudK>ris. 
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PBlO POSITIQ. 

Ata fit quzuis ratio A ad B C , cuius A 

conrequensdiuifumficin B&C. • n 

Dico quod ratio A ad B cxcedat r<>tio< 
ncm A ad BC , aliquo exceflk racionis, B 
qptok deunnmat iacio CadB, coUauad 
ncionem BC ad B. 

Aut vt alijsquidcin verbis/cd inidemrecidentibus,vtar. 
Dico rationem A ad B exccdcrc rationcm AadBC aliquo rationis 
excciTu , qui adrationcm maiorem AadB, fitvtexccffus rationis quo 
racio B C ad 6 cxccdit ratioacm ad.B j lcilicet vc ratio C ad B eft ad 
lationcm B C ad B. 

RAtio A ad B eft ad rationcm A ad B Cvt B C linea cft ad B.per 7. de t*ropor- 
tionalitatibus P. Gr egor. (ed v t B C eft ad Bji ta eft ratio B C ad A> ad rat ionem 
B ad A, per i.eiufdein : igitur vt eft ratto A ad B ad rationem Aad BC* ita cfl ra- 
tio B C ad A,ad rationcm B ad A. Sed ratio B C ad A, fupcrat rationem B ad A» 
itcut B C fuperac B, colUgicur id ex 1 14. eiiUHcm : igitur ctiam ratio A ad B,rupe> 
ratntioaem AttdBC, fiattB C inpetatB. &d BC^uperat B excefla C qut itc 
T.g.duarumtertiarumtotiusBC> igituretiamratio A ad B fuperatrationem A 
ad B C exceflu qui fir duanim tertiarum rarionis A ad B. Sed dua: tertijc rationis 
BC adBruntratioCadBiigiturratioAadBiuperatrationemAadBC ratione 
aiiqua, quaefitadrationemAadBypioiitfacioCadBeltadiatiOQeiiiBCadB» 
QttPdciatdemonftrandifmi 

QfolUrium ^rimum. ^ 

Hlncpatet primb quomodo errent i},qui in numerisqBUnillArepropofitiOp 
nem hanc dum voluntjhoc mod6 progcdunC 

SiC) iiiquiuDt, A iiiB C ver6 hoc cft 6 diui- ^ 
lumtaBqiiodfici, fleCquodfic^. RatioA la 

ad B eft fcxtupla vc ii ad 2 : ratioverb Aad 

BCcftduplavt i2.ad<? ExcefTusautemratio- JB C 

Oislextupla: iuper dupla cltratioquadrupia. 1.4 
6c tameDinprDpofitioDeiamdicitiur qnodex- 

ceftus fit ratio C ad B , hoc eft 4 ad 1 qux eft dupla. igttitr latio dupla qiia* 
drupia > exdem funtrationes*.quod maoifefte £iiruni eft. 

Khancquj(iemtim1lquidamdemonftratioQempacafit • qnamvllaidGeo- 
mecriidari pofilt. Verum manifeftd oftendic (e propofidonem naoc penitiis Doa- 

pcrcipcrequifquis eam boc modo numerisapplicat , acproprereanullomodo 
jnirum cftrumapertam falfitatcm cxci pcrpcram mcclle(^adeduci. Pruno enim 
iacommodincionem AadBcomparacamcumratione Aad BC vocaorlekm* 
p!nm comparatam cum dupla. Dcindcf.xirum fupponunt dumdicunt excefTum 
quo ratio Aad B exccdit rationem A ad B C efie racioneni quadruplain.Primum 
iamdedttco, fecnndum Coroll.fequenti exponam* 

Imprimisdifcrimeneftinmodoexponcndi rationet A ad B .fc AadBC fi 
fiimanturabfolutc, &: fi rcfpediu^ad fefe inuicem comparataE accipiannir. ' Ab- 
fohxi^ enimloqucndorauo A ad B 1 ii ad nuliam racionemrefpe^um dieac , eft 

D latlo 




a , COMfttLMATldKfiS 

ratiofextupla-.hoccftnumeri*? & 1 ftincifii- 
A ^ niminumeri quibusratio Aad B cxponi po- 

tcft ; vti & ratio A ad B C eodem renfu eft 
diipUi;&tameufirelatiu£ fumantur heratiCK 
B C nesadfe inuiccm , funt vt tripla ad fimplam. 

' ^ ^ , ' * cum cnim ratio A ad B ad rationem A ad 

BC fitvcBCadBpcrT.dePrnportiontUiotf 
cft vttfad *, fiuc n 3 ad I * clarumeft ratio' 
nem Aad BC nonbeneexponi perrationem (extuplamaddupiam , nambxC 
ip^aratio fextuplaad duplam, adbucinminoribusterminisexponi poteft $ (cili- 
cecqnbd fic vt tripla ad fimplan].Reducatur itaquc ha:c ratio iiad x ad miaiiiK» 
terminos > prodibitqj ratio^ad i.itemratio iiad6,reducaturadminimostermi- 
nos , quorum antecedens iit etiam 6 , prodtbici^ue ratio 6 ad y erit ita^uc ratio 
A ad B ad A ad B C vt r ad |- apparebitquequod HUe radooes ad miotiiaot 
iniiBerMicdtiftaB»fiiitn| «d i«liocdlniaciocilplaadfimplaiii, 

_ Manifeftius autcm apparcbit dircri- 

" • men inter duas has expofitioncs rationu, 

3^ fi loco A aiTumatur quxuis D 14 , aut 

- • Bso^remancntibuiBSrC oam rurfus 

P - ■ . y ratioDadB collata cum ratione b ad 
04 BC»aucrat(o£ad BcoUata cumratio* 

lie Ead BCeft v( C B ad B per ^.libri de 
Proportionalitatibus. quapropter fcm- 
per eft ratio tripla collata cum (impla 
lc tamcn fi abfolut^ fumantur , ratto D ad B eft ratio duodecupla , ratio vcro D 
«d BC eft ratioquadraplaf vti Srratio E ad B eftratioquindecupIaTratiove- 
r6 £ ad B C,cft ratio quintupla fiablbluti fumantur,na vt fic.mtnonbus numerJs 
ea: ratioaes cxpooi uoq pofiunt. Reducaatur autc hx rationes ad nun>eros nuni- 
'fdoa comiiaelisibentesantecedeiM^vt retailtt^ inter cimip«raca*,))offincexpoiii 
iiiXtafennim.Propofitionis^. dc Proportiorul.erit ratio Dad Bquidcm vt 12 ad 
I , & ratio D ad B C vf 1 1 ad 3 ; quare cum 1 1. fit commune antecedeus.eruntad 
fc inuiccmbx rationesvt j ad >• EtrurfusrationesEad B, & EadB Creducantur 
fld tiinnefoamiQimosqal-coinmune habeant ancecedens, prodibunnlae tatioiiea 
ad !• & 15 ad 3: quasrariones cum rurfusinrcrfefint vt 3 .hI ! , natcti ur- 
fus rationem £ B comparatam ad rationcm £ ad B C efie ratiooem triplam coin» 
pacamm cum fimpiS. 

Nihil ergo tnauditum aut mirum fapponit difcrinrwn illud quodftatuimusill: 
cxpofitioneratronum ibfolutcautrefpcdiuc fumptarum , fi rcdlc percipiatuf; 
•nara id eiiam locum habct, quando inter fe comparantur rationes quar commu- 
B^babeiitConfeqiiaiSi^iiomodocoiiimaiiiterludenusrati inter fefuerunt 

com[>aratx.SitenimratioLadN,8c ratioM 
I» M adNi ratio L ad N eftduodecupla abfolut^ 

12, g fnmpia » vti * ratio M ad Neft fextupla : nam 

I^j r.uioL adN fc)Iirjri^ fumpta minoribus no- 

—-. • roerisexplicarinonpoteft,quam pcr iiad r» 

6cratio MadNnonminoribusquumper6ad 
I. Sc tamen fi comparetur ratio L ad N ad ra* 
tfonem MadN , hoceft firationem qu^mfaabet iz ad 6 ad mininyjs tcrmi- 
fios reducere velis,dicecur quod ratio Lad N»ad ration^m M ad N> fit ratio du- 
pla cupaiMacnmfimpltfiiie m ad i. Eodemmodok fatioqotdem Aad B eft 
. fextupta, 8c ratio A ad B C cft duptaablbluc^ 

A , ■ fumpta,(cd quandointcr (ecnnfcruntur ,eaf- 

q[uc fic collatas minimis numcris cxponcre 
vis , non ceftddices cife ratfonem rextuplan» 
dcduplam ; non cnim illi fnnt nnmeri minimi, 
inquibusexpooipo^uncradOQCsdii^ , nani 

lextupla 
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lettdfilb frdiipla c{iinnir(usiiiter(efiatvc ^ad 2, laiQoribus adbiic nudaerii cd* 
tno.!ivisexponi poflunt&d(?bent. diccn<loqu6d fintvr ^ad i. Quidaucem b«C* 
cxpoiitio,reduciioquead minimosterminoscommodiafferatiboxapjM^re^ . • 

Atque hoc eft myfteriuBif qabdlilMoiOperis OeometJf9cpi6* b% Sdiolto'iU^ 
ruinptum fuit} (^uod fufiug explicweo|pBtcpitiiBmdoi tiic M l ltolB rf^ 
ifthic qusiuastortaflefitfpiceotf» / 

fAtetrecundom.inifefte cxceflurtiipfum ^ .it . .....^. : - . 
quo ratio A ad B iu perat raciooem A ad " ■ 
B C> ouenidixic Prop.(. eileCad Biettam 
lKmedeabfoIutum|Udi«rpeAiaiiin;ade(>- D 
^ueerrarc planc eosqui putant excefTum ' ^ 

quo ratio A ad fi fuperac raciooem A ad 
BCeflentionemquadrupfailBi - * . 

rrim fnimrafin rati K nnn ft>nt&m#« . . ^ . , 




oeiius iii ratioois A ad B (upra lacionein A 
tul B .C,red * rationU I>ad B fupflt vationS 
Datf EC» im6 U exce&us cuiufcumiijue 
demumE adeandcmB, fuprarationemB 
adcatiJem B Cj racioautciu Cad B li ab> 
iblate fumatur tetopcr ficdaplai coiaam vmquam vel lenlffimi OeometHciida^ 
£to in mcntem venire policc iqu6d ratio A ad B fuperet rationcm A ad B C ex- 
cefiU C ad B ; item quod ratio O ad B fuperet nttioncm D ad B C > deni^ue Sc ra- 
tioaem B ad % fuperare raciooem £ ad B C eodem excefTu; ac propterea ratioaeS 
Aad B vel D ad B aut£ ad B fuperare eodem plane cxcc/lu abfoluto, rationes A 
adBC.vel D.id BC,autEadBC,fingulasfingubs:quodtamcdici dcberecfiex* 
ceiliis C ad B abiulutd lumacur. Idautem quam tu^pe ibret luibicari i Geometr^ 
iUbcilifiimo pranoiaciatitm ef^ « res ipia dunat » cum fidflucisi mlninx) quoque 
Geomctra argui poffit. 

Loogc aliicr intciligenda bac funt.prout fn ScholioadProp;tf.Lib; loi OperiS 
Qcomec^-ccie funtexpofiu. qus ficutobrcunora videaacurtlucezpoao uueiii* 
geodaqu) fint, prout ea perccperunt ij qui nodum in feirjwma ^BanilHi ■• . .• ,> 

Dicoigitur,iuxtadcmonllrataira<tbncm A ad 
B fupcrare ratiouem A ad B C ejccejQfu rationis . A 

-^ndcteHHfrt^riHo^r-SaVtoii^aHfcum- j* 

f^Ot^Uata cum rationc C B ad Bit-;;Vt afleric 
5.;ftr6p.lib.io.a"t vt fi.eiufdcm, quafn ditcrminat ^-^Smi^&i^' 
ratioCad ArcIataadr.itioncmBCad A:narare- -r ' ' *. 

ttcri liSB 'duz propofitiones , adeo fibi contraric 

non runt,vtfintplanc identicar;cumratToCad A adrationcraB Cad A , itert 
ratio C ad B ad rationem BCadB«liatnCadB C per a^i (cLq Proportioaal cum 
CQofiMt«nsfingula;binari^^ '^•' «r ^ ^ . 

>ltiW vtclariqsadhuc loqu.ir, fi tot paftes rationis aulerancm 2 ratiofie A*«d 
Bjquo^r^rtes nitionisCB ad B r.ufertracioCadB » relh>yiecur taffdffm aWffla 
raiioqua;a;4ualisfitrationi AadBC. ' ., 

In numertsMfiCdttbi^tu/.Katio B C ad B Ac Vtj ad f f A «nl 
collata cum rationc A ad B C eft vt R C ad B , erit etiam i uio iil^^ii^^tloneth 
AadBC vCjadi, fcuvccriplaad fimpIam.cxceirusauteraqaoFcfi/|iterat Beft 
Cihoceft 4, cum C pofitum ht 4 & B 2- itaquc C eft ad B vc 2 ad l.Iam vero cul|i 
racio C ad B confcrri debcatrufflracione B C ad B, hoc eft dupta ^uift cfipla , au- 
fcret fatioC ad B du.is fertias raticrnls B C ad B : adeoqiuc & cxctfllUs J^)b J|^d|Q(i|L 
ad B fuperac ratioucm A ad B C,erunc du« tcrtift rationis A ad B. " ^wwwr 
V Non igituf cxceflus rationfs A ad B ftipcf ratioocm A ad B C eft ratio quadru- 
^Vtilli voIcKint, fcd funtquatnor partestattenlWfiiaBfilbteftreKuplje, qn^b 
^^tgn^les luatduabuscerttj&rattonis.tn^^ /i^V/ i 
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i» 'CdNPlRliATIONB9 

CwokariHmtertum. 

E pAtct tcrti5 qiiit deniqQS exceil 

~ \ fiis , & quomodo dctrahendus 

, ' fit^etiacainnumem^aracione Aad 

BtTtreiiMoeacratioequalisnitfoni 
• A ad B C iuxta n^nfum propoficio- 

nis. arationcenim AadB » itemil 
-' M rationeDadB, 8e arationcEadl^ 

detrahendse funt dux tertiz ratio* 
nis Aad B,itcm du^e tertix rationis 
A DadBkdeniqaeduae terci« cationit 

BadB: qiiodquideiiifietfiAyD^R 
' 0 ^ ; * itadiuidancurvtidiuiiacft BC in B 

— • & Ci boccft,auferanturab antcce. 

* 4 ' dentibus dua; tertise , remanebic 

enimexratione Aad B ratio Fad 



Bihoc eft 4 ad item cx ratione D :id B rcmanebit ratio G ad B , hoc cft 8 ad zj • 
& cx ratioQc Ead B remanebit ratio U ad B hoc eft lo ad a > qux arquales erHOt 
rationibas A ad B C vel D adB CtflHcB «d B C fii^lie fingults , vtconfidennd 

I Quodfialiud exemplum exercitij cnifTj pJi- 

jll • . CCtifitratioladKL vtiiadSifitauteiTj KLdi- 

I ■ iiiruminKx,&L6.ratioigirurIad Kadrationem 

. 5' _• ladKLeftvt KLadK, hoceftvtgadi, iiuevc 

. . '^L»- qmdniplaadfimpiam:exceirusautemKLi'uper 

& ^ X^Lftf.rMia«iiieihL«dKfitte|adi»contioec 

trcsquartasratioiiitKLftdK. exceflusita^afn» 
tionis lad KruperrationemTadKL.funt trcjquarra: rationis I ad K itnqtieau- 
ferantur a ratione I ad K tres quarta: > quod fiet ii ab I anteccdcnic auferaniur 
|res qiiartsftSicet ^.remaDeDit^uc M|,cdeo4iic latio M adKj ad » qiue 



CmiUnMm^iMrtum» 

A . A TqueexhocFiKtecqaartaeodeininOii 

. ■ ■ 1» ^^do decrefcere rationem A ad ?>, pcr 

0 p ablationem fa<flamab i^(o anteccdente A> 

i ' ' ■ 'I I ■ I , ficu t decrcfci t per addttione m fa«f^m ad B 
. '^' • . confequens : adcoquc hxc duo in iden 

g Q plane recidere,modo inadditionc ad con- 

• ■■ - — . fequeos , & in ablatiooe abantcfindente» 

* ^ antooDtra.proportioiemetttf : qlBd qui> 

dcmfietfiAita diuidatur inDE& EF, vc 
B C diuifum eft in B & Caut cootra. Napi ficut fi i ratione A ad B auferas duai 
tertias , quodfiecfi Aitadiuidacur in E, vtEF (intduxtertia: totius A, rema- 
xiebit ratio D£ ad B • «qualis rationi A ad B C -> ita ad B addas C duphmi 
ipliusB, ficvtC Hnt dujetertiaitotiusBC , eritratio AadB peraddicionem 
C ad coofcqucns B , diminuta duabus certijs racionis A ad Bv n»m xatio 
'AadBC > peradd i d o o e in i p fa n C , aEquaiisfitratioalDEadB , qu« doar 
"hus tertiis minor eft ratione D Fad B hoc eft A ad B: eodem modo (lcut ratioD F 
feo Aad B,per ablationem duarum tertiarum totius D F , fcilicet pcr nblationeni 
BF,reddituc dimiauta auabus terttis lacioim Df ieu AadB « reuuocc eoitn ra- 
tfoDBidB^ . . 

•Tcw" 
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* Tota itn<5uehrc diminutio rationts , fir pcr fimplicemaddirion^ tcrminii 
confequentcmj quod bcnt notandum cft i nara per additionem antcccdcnSi 
augtnencacio fit rationuo). ^uo modo enim additur ratto -^d-^) aiH augeudo 
kfdt^ 4miiiaiii&c^ fiar-f^ codemaiodofiecdiniiinttio 
rationum , auc dimi:.ucnJo anrcccdens , autcertc vt hicfit»pCff fitQt^lfCemaddi^ 
tiooem adconfequens > mancnte intiariatoantccedente* 

Atquc h9C eft do<ftrina 5. dc ^.Prop. I.i o Operis Geom. qaam4einanftnititii 
ciatiimefleiieinoi:iegini6cic.Neqaeq9is dicatiDterminisfic oon fuifle propofi- 
tam,nam prgeterqu.im quod mox in Scholio mentem fuam Au^tor ipfc f-ius ex* 
plicaret , alium(en(umPropofltionesiprxadmicterenonpoteranc, vcidcmon- 
ftntio ipfa ratisfndtoAit ; neque propofitiones fefe iniiicemTCvidkliaturdd> 
ftruentes. rci^fx idcm diccntes fimul iungerc, invllum Geometfam,ne dicam 
inP.Grc^riumvmquam cadere potuifietjnififtudloidipfumfcciflcc adexpU* 
candum ^ufius intricatam rcm; quod fane luculenccr iu Scholio mox prsftitit. • 

* Ubet tamenoftendere propofitionem ctiam Ttia- ^ - " ' 

cet non aiiterdcbuitrc iiucllit^i. Cvimenim rationum -^, — ' q 

AadB,& AaJBCdenominatoresfintCB,&B> non '- . — 

iioecistteiicdlamiftarttnitionu determinare ,nifi pereiceflu denominatorisBC 
laipetdenbminatorc Bi excefliisautcerat C.Ia vero cu exceflus illc- C fitantccc^ 
«dens rationis C ad B, illius oemp^ qua ratio Aad Bdicttur excedcrc rationc Aad 
B C.claru crac referendu cxceflum illu ad aliquam rationem cuiusparseratraCio 
Cad B-ill.inutemrationcceflariocrat ratioCBad B, quzadrationeBadB,om« 
nino itafc habct, vtratit) Aad B adratione Aad B C. Patet igitur propofitionem 
ySc idcm cft de 6, qua; cadeeft,pcout iacebac,aon determtnare exceflum ritionis 
' A ad B fupcr rationem A ad B G > nifi per exceflbm qui rerpediaiia eft modoiam 
expIicato,Sc nonabfi)lutus. Sed quia id obfcuriuspocetatafe» tdctrooadiedlUII 
Scbolion,clariiatis, vtdixi caufla,non neceflitatis. 
o..-VerumadaiiasPropolItioncsgradum Faciamus* 

EX hisprbbe intclledis » Patet^. naliomodo A_ 
chymcricam efle Prop.7.1. i o.fed vernm planc- - 
due ccrcam ac Gcomccra dignam.Ea afieric fi c6« J) 
(equensfitdimfiim v.g.inB&CquodmtioAad-*' - 
BC fitratio Aad B, fimul cumrationcAadC * , 
^^atctex didlis. nampcraddinoncmrationis Aad • * ^ 



C ad rationcm A ad B, fit confcques B C maius.* 
ac propterea lacio A skI BC miooreft qutoratio 

A ad B : & quiJem caratione minor,vtiam ofteodimus,pra:c. Coroll. inqoS ra- 
poue per addiiionem C , accrefcic confcquens. B. Vnde quooiam B per 
additionem C accreuit ad duas tcrtias , ctiam per additionem lationis Aad G ad 
rationcm A ad B,(iimintttaeft mtio A ad Bduahustertijs-ncquemtio Aad B fada 
eft raoo D adlis ntioeadem eft cum ratiooe A adB Cquace coftataflatio. 

« QMtBrmmpxtum, 

Tnc parct fettoerrarc co« qui propofitionem hancnumcrrs exponcrc dum 
voluut.veram augmentationem rationum faciunt,cum tamcn fieri debeat di- 
minutio rationun), vc propofitio rice exponatur,quod quidrinoftendo. Sic enim 
argumcntantur. ■ ' - 

RatioAadBeftiexfupla,ratiover^ Aad Ceft A,.* . '* • 

triplattripla autem addita rexcupi^^cic noacu. T"' "■■ ■— ' ■ . , 

chymarricu igitur,inquiunr,eft dicerc , quod ratio iiiM'?; . .. .4 ^^. , 

AadBC, firwtioAadBfimulcumraponeAadC- ^i^:^>'/r^ 
Scd vc autc pracmoQui, erraot ip^ plane in eo ^-^m^-^ ' ' > ^ 

D 3 . quod 
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A*** r qiiod rationcm A ad T>,y A .ul C cxjirimant pct 

j tiojies--^ : nam allumuut rationcs du.is 

, . fiommuiK:conre(]uenshabct,rdlicetvntta.tem,^ 
^ ' . ■ ifi«j^ «tt^<^4"Ot4ue fibi inuicem antccedcntes/additisauc^ 

.Vyv,>ii^*^ JiP?'^f5i?'^'* aotecedentiV)us clariim (. (1 fii ri r.itionLMti aliqiiar 

j.-; •ii^oreni*quameratAltcn<cr'i'I"noItroautcmca- 
fujMCiO Aad B>& ratio A ad CtC04lii|iu|;if;<ai)teced^habcnt,courcqueutia ver2^ 
diuerfa .-quocaru,pcr additioncmq9||i|i|iieadum4^^ 
tiptimo vtraque iulitaric fumpta» '. '^9- ' 

' Cikm itaque rationes A ad B, & Aad C ad nuix^rps JtDinimos redti^ere ycml^ 
(quodfaciumquandorationem AadBvo^tfcxbiptamirMtJorietli Aad C vo^ 
canttriplam)vtre<ac ftet exemptumin numeris.proutindicatiiin CoroII r. redu- 
caturratio Aad Badnuroerosmioimos»critquc vt6 ad i : & ratio AaJ C redu- 
catur ad otuneros mintilios,qtiospatjtur antectdens ^«prouetiiet^tte racia ad a. 
addantiir auccm du£ confequeiue»! 0C & Jirouenientii fiet^ue ISaCi6 ^ad J *qin- 
lis eft ratio A adl^ C> 1 X ad 6. 

C^bdlane veruBi eft s ncque ego auidquamhtc chymeficum • ttiH> ne abftm* 
fiun quidemagiiolco»nififoRequoddimitlutioradonumquz ficperadditfoneiB 
confequenciUm, ignota mulcis cum fucric , occafioncm dederit coniungendi ra^ 
tiooem fexcupbm cumcriplaperadditioncm antecedcntium. tx>naduerterinc 
antem hic non fim augmencatiooem tatiooumquaEfitperaddicioneiaantece* 
dentium, (edveramefse diminiitioncmrad(»umiqu«fic|ier Gooilei^ueaciuniad» 
ditioaeiniqualemrequiiicpropoUtio. ' ' 

CmUartmnjeftinum. 

■ ii B • IJInc rurfus Patctfeptimo rcdc etfam pro- 

■ • ' ■ ' . *^politamedcProprJ{.lib.io. OpcrLsGeom. 

. 9 qn&dteicur, qu6d4juandoratjom»ABadCD 

C O tamantecedens quamconfequensdiuirum c{t 

^ " . jQqnotcumquciaotecedensquidcm v.g. in A 

' t fcBiConfequensveroinCSrDiquodracioAB 
ejdC D,(!t tatio A ad C,& A ad D,fimul cum racionibus Bad C>& B ad D. 

Ratio cnim Aad C,fimul cum racionc Aad D (pcr quam dinMiiuftur ratio A ad 
OcftraftoA adCD»v(iiamoftcnfumeft:icemratioBadC>timuI cum raciooc 
B ad D (per qoanr diminttiMr ratio B ad C ) eft ratio B td C D. fed ratio A ad C 
Diadiundla racioni B ad C D zquatur mcioni A B adCD,cum vtraqoc racio idcm 
habeatconfcqiiciu: igitur ratio A B ad C D,cft racio A ad C, ctim racioue A «dDa 
voa cum radonibos Bad C & B ad D , quod crac demonftrandum, « 

In numerisid expe/iri fi placec,opcrare hoc mo(lo.AcftadCvc (f.adi»tfe Aeft 
«dDvt^.ad^.rcduccndxcnim funt rationcs illx ad numcros niininios quicom^ 
munc habeantanteeedens vcante dixi.liaquc coniungciam confcqucuics,! 8Ch 
lexttrgcnt 4, tc rado A ad C D erit vt f .ad 4. item B eft ad C vr ^ ad i ^ B eft ad D 
■Tt ^.adpnam Arillxracioncs rcduccndx func ad numcros minimos coromuneha- 
bcnccsancecedens :addc,i.&3,ficnt 4,df tatio Bad CDcrit vc 4.ad 4.1am vero 
quoniam radones j.ad 4.& ^.ad ^.communc habcnt cnnfcqucns fc^ccc 4,addan« 
Cur antecedentcs 5. & 4,exttrgenc 9 , racionei^^ue fic iibi inuicem additx eruncn 
f.ad4,quzeadcmplane racio cftcumrationc A BadC D,t8..ad 8. 

£x hisomnibus icaqaecondudo f reroplanam cilc &£. apcrtam, totamque dtfii- 
fenlcacemesmodoioqtteiidimkittscomuioddexrurgcre^&poflca pcr operacio^, • 
oemtercimeamintricar>.VoluncentoraciiMiesqiuecommunc habcnt antccedemfr 
tum quando intcr fc comparatur vocare racioncm tnplam 5c fcxtuplam.&c.cum 
tatuen cripia &fextup(a commune Iiabcant anccccdcn;.acpropccrca,quidmiruu) 
in earum addicione errari,aiffl anteceitoices fibi addi noo debeanc confeqaente 
inuariato.vt fitin additionc vera pcr quam fit augmcntario rationis, fed confc- 
quentcsilbi inuicem iuiv^ndtfiQcanteccdemcinuarnto« vc pcr aainaddjcigi- 
nefflfiacdiovBncibraiiMis. *' -C,^- 
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Quofllodoergo Vocanda criciinc|iiies,ratio xt. 2, compiaraca Cttm ^atione n. 
ftd 4? Certc noo poteR dici fcxcapla comparata catn tripU , G tn zninimis numcria 
«lai comparacionem cxprimere vts tnam racio ii.ad i. ad. racionem ia.ad 4. cft 
irii4. «(l*ft»«««md«4ilecwc<lttpla corapaMn^QiB fimfill. Aduerte t»neo ^aod 
Ucet racio n. ad comparAra aci rationem rz. ad 4, vocetor ratio dujfh ef»mf>«Mta 
^iimfimpla»(iumearacxoncm ii.a(l jk.ad(lere visracioni la. ad 41 ac propccrea 
tatiaiiem |i»ad ft»ttddec9 dfwfntttara dualNN certijif noo polBsduplamfacIaMiil 
aiUeiefin^l«,iiaai nmcficftabic cxcraplum 4 & -4-* antecedencefi^Qe eittMill- 
oerfa: & confequcns commnncjadditifqae antcccdentibus augcbirar ratio.verum 
tediffi debec prior racio ad minimos ccrminos vc ix. ad i, ad rationcm 6. ad i; le- 
ebhla terd Mii^taios cetmtttos aaoi pactan fdem aiiceoedens. €; iTc^ue demin 
llabkexempliHb ^f. i- : addancnrque coofequences,fieDt)*6tprt»dibicnrio<;a4 
f;^laliBeftix*adtf,^tedimunca eftdaabBScetdjsmioneszaiiadi. 

A ! B E L •. p \ 

C K D G M 'H 
■ » 4 • • 16 - ♦ 

EX hoc Patcc 8.vericas Proa^^^ Operis Geomec. 1.10.90« dicicar,fi dencur doc 
nctobes ABadCD.jKrEFadG HtC|oaramcam ancefedentcs qoam oonft- 

qucntes Aiuifx finr in qiiotcumnu c A I, I B-, C K , K D ! E L , L F j G M , M H ; ra- 
lioncm. A B ad C D . cflc ad rationcm E F ad G H,vt ratiohcs A I ad ^ K . A I ad 
KD.lBadCK.lB adKDfimullumptx.fQntad rationcs E L ad G M , E L ad 
MH«LFadGM,LFadMHfimul fumpcas. Patcc inquam,quia «rationes qoa» 
KQorprim^ fimul (iimptar, fine fihi inui ccm additx co roodo quodiSum in corr. 
7. func ip(i(&ma racio liue conlhcuunt ipfam ratiooen AB ad C Di fimilicer cx ra- 

KonibttStqoaniorlecnDdislibiaddirikeoiiem nodocoofticnicarjplUfimaiidoEF 
tdCH. 

Acque cx hoc dr corroUarium eiufdcm propoiicionii ftcmaniieftumi qaod fic Gt 

habct/ . • 

St raciooum ABadCD^&EFaciGH partes e:edem aotfeniles rationes fue« 
vjncfinidcm cnim inciditrationcs cnciimiles& eai<1cm vt parct cx 1,8. dePropot- 
nonal in opece Geom) tum cotx raciones exdem auc fimilc» eruncHoc eft fi raiie 
v.g. A I «d C K iimilis fic rarioni E L ad G M, inm raci»A lad K D fimiUs rationi 
E Lad M H ; rurfus ratio I B ad C K Gmilis rattoni LFad G M ; dcniqac & racio 
I B ad K D , fimiJis rationi LF ad MH.ctiam tota ratio AB ad C D fimilis crit ra-» 
tioni EFad GH.patec ex prxcedeaci. AcqueficcoraplaDacacftditHcuicas (^usC 
2t ^ 4> Qttamwan pollet ecctnrere* 
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eun iatelligimusiiic in Corrot. . 
7.fitttC9Ji|iioiaodof]xelUgenAi 

iir , & quomodo verum fenrutn 
babeac.f rop^;^* ^'o- 1 o, Oper. 
Geoaa» 

In luc oftenderac Au^lor.tn', 
c.iru quc proponit, qu.ldo (cili- 
cciluiicquacuor ordines conti- 
■ nucproportionaliu ABCD*^» 
I G M 1 V , L M N O V, QR S 
T V comonmenihabeotesvlciaiamVyquodratio AadL, iitduplicaurationis 
CMlN,ermioCadNduplicacaficrationis Dad O»iieiiiqiiod'ntto AadQ.du* 
plicata Hc rationis C ad S>5c ratio C ad S, duplicata radooteDad T. Item oltco» 
dcratquodratioFadLduplicatafit rattonis H ad N > &ratioH aiNduplic.-.ta 
racionis I ad O; denique quod ratto F ad Q^uplicau fic rationis H ad S , & rauo 
HadSdnplicacafationisIadX' ' 
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His itkexppfitis 9c demon(lratis,infeitquod ratio tota A F ad L Q.totie8 cob« 
t i ne.it rationem tocam C Uad N S« qnoties tmo C Had N S> cootiaec raaonem» 

DiadOT. • .' 

Inprimo*cumnpnefletdifficaltas , confeqnentiatameo hsec vltimaTilaieft 

difficili!:, imo & f.ilCn nonntillis, cum eam in nitmerisper operationesvarias esa- 
minare votuoc. Vetum qutd H oon rcde cx opefaciooes adbii^eancur/ Nam ciun 
ek?rop.8.libLM>.deniobftrecttr hcc confequentia , certd aon aUitm fifAfnm Pcopk 
hxc I Sfciui^aencunacoafequentia qnara modo pofui faabcce'poceft, quam iplii 
S.rropofitio rcquirirjalioquin fruftraeaad dcmonrtrationemadliiberctur.Aliura 
vero lcnium illi li aiHngas , quis mirecur in f aliAS confequeuthis , ex ea perperam 
incclle^a quempiam deuolui } Hic igitur gcouinus eius propofictonislenuis cft| 
aliis vcrbis in idcm rcccdcnttbus expofitus: 

Tota ratio quaaticacum A F ad L Q coHiituitur cx rationibus fibi addids iuxca 
ienlum Prop.8Jain explicatum Corr.^.qux quidemratiooestotiesmaltiplioanB 
itincracionnmearnmqui Hbi additx iuxta fcnfum Prop 8. cooftitaunc ceum ra- 
tionem quantitacis C H ad N S,quotics rationes illa: conftitucnrcs rationem C H 
adN S funt muluplicitx ractonum illarum , qu£ fibi additx u(xu fcnfum Prop.8. 
conHituunt totamrationem quanticitis D I ad O T. 

QuoJ quidcm veriinmum efTedemoftraturcxeadcm Prop.R.inrclIc^li prout 
eam intelligendam diximus Corr.noftro ^ Nam ratio tocius A Fad L Q , confti- 
tui tur ex rationibns A adL, A ad Q, F ad L, Fad Qj item tota racio C H ad N S 
coaftituitnr exrationibusCadNiCad S>HadN,Had S :deniqneM>ta ratio DI 
ad O T, conftituitur cx rationibus D ad O. D ad T, 1 ad 0,I ad T. Oftenfum au- 
Cem eracin cafu iam pofito rationem A ad L eife duplicatam rationis C ad N ; ra- 
Ctonem verb Cad Nduplicatamefl^rationisDad O (jtemrstjonem Aad Q du- 
plicmm cffe rjtionis C nd S, ^''c r^tionem Cad S dti plicatam cfTc ratiofiis Dad T: 
r ur/us oftcnfum raiioncm I' ad L duplicaum etTe racionis H ad N» rationem ver6 
H ad N duplicacamnicionislad OideniqaeratiooemFad O daplicatam eflcra'- 
tionis HaaSftiatioaemHadsdu|^icatanefleiiitioiiisIad.T.]gitiirpatecra- 
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Q^V ADRAT VR A..' - II 

tioneDtocam APadL (^ooalKtnfex nitioiiibits tbcies inattiplicattt ttCiomiiBfai» 

tuiiM|ttecoiiftituuucracioDctntocam C H ad N S>quociesea: latioaesfjux con- 
ft i t ti u tir rationem cocam C U ad N S fuat multipticaGr ratbnaaif qiue cofticuaot 
racionem lotamDladOT» 

QuopofitOkCttnratio APadL(^oon difi^nt ifationilnisiis iiiiinininipcis 
cjuas tonfticuuntrationcm AFadLQ^percombinationem iam cxplicaram Cor- 
roi.^.qux veraelt detra<ttio nmuf 8r ^nitio*tdemque verum eciam (it in rationi. 
bus C H ad N Sifir D lad O T.paretiam quo fenfu verum ficracioue A F adL 
fociescODtinere rationem C H adN S,quocies ratio C HadN S contlaetfick)- 
nemDlad O T. coqtinft nemp^ratio AFadLCi rariones eas exquibusconfti- 
tuicur*qua: quidem totics multipiicat9 ruoc racionum earum quas cominec ratio 
CH ad N S 8c ex quibus ip6 coftitaitartoiioties radones quas cootiaet lado GH 
ad N S Sc cx quibus conflicuirur, mulcjplicatatfiiiitcatioaiiin quasocotioetisati^ 
D lad O T & ex quibus cooflicuitur. 



CmtUrtmdetmim, a. 

IncPacet lo. eosfalli qui exiftimancin A F C ■ H 

faac propofitionedid,atttiUtem debece 



H 

dici, li ratio A ad L Hc duplicata racionis C L N 
ad N , & riirfiis fi ratio F ad L lit duplicata " " 

racioaisHadN,6cc. (reiiquascombinacio-. . X 
nesomitio vc verbis parcam ) qoodetiam *^ 
ratio A Fad L fic futura iluplicata racionis CH adN.-quodtamenhonnulIi pir- 
tances>(iae vUodabio.^ablquecoacrouerliaiu liac propoficioaeAipponi, falUim 
idtameAefleinnumerisinaeniiut<nequeerraot;fiufiimideiiiBavere eft, pacet- 
4aeidliuelongisambagibus.NamVtrationi A ad Lquft dttpticacaponiturelU; 
rationis C;id N,a.idatur adhuc vna racio FadL, ficvt conflatumexiilisrationi- 
bus, fcihcec ex rac ionc A ad L & al tera illa ratiooe aciie<^a. duphcaum habcac ra* 
tioimm C ad H 8c HadN conflatamm in vnam ratioaem>debeiir imprimis latio- 
jiesCadN. &Had N coalefcerc per multiplicationem : fiaritaquc vt H adN» 
ita N ad X,enmtqiie rationes C ad N, & Hatl N fibi additx per mulciplicationc» 
proucoietqueratioCad X. iam verocamratioFadLpofiiaflt dapUcata ratio- 
titsHadN,hoceftNadX,f]atvtFadL,itaLad V,erita:ratioLad V dupUcata 
rationisN id Xitota^ueracioAad Vericduplicacarationum C adN&HadN 
iibi addiurum pcr mulcipUcaciooe per j^. Iib.de Proporcional. longe aucemaha 
eft-ratioAFadLquamAadV. Q^isidigauracquiin lationam natura ahqao- 
modocft verratus/&id P. Grcgorius non ammaducrterir, qui racionum fcicn- 
tiamadei|> amphficauic vcpaflim aocumeft,quique xaciooibusquiburcumque 
«:4ue conifliode vticur ac Euclides liaeu? 

Cauflaica^uequare iftse raciones ALad FL addicx fibi inuicem prouc vutc 
Propof. 1 1. licctunguIa:dupUcatx finc racionum Cad N,& Had N^on confti- 
tuanc camen aiiquam ratiooem A Fad L qux fic duphcaca racionis Cll ad N ma- 
iiifeftaeft • qaia ratiooes AadL SrFadLooacoaleicuntper multiplicaticmem, 
fed nef veram addirionpm; fiucquia non coalefcuntifta: rationcs vt multiplica- 
tx funt rationum C ad N, Sc Had Ni fed vcraciones fimphces func Eodemque 
modo ratioues C ad N & H ad N non coalelcunt per mulciplicationem.nam vc fic 
^ciunt rationem C ad X vt iam oftenfnm eft; coaleicunc aucem & raciones C ad 
N, Sc HadNpermeramadditioncmrationum , vt rationcs fimpliccs funt , non 
autemvcmuUiphcaacurpcrrationcsaUas. ImbvcptciUusioquarnuliioperacio- - 
ne hic opus eft,nam citra vUam addicioaem eatrinwcaiia,coahirnint anf rstioaes 
CadN&HadNin ratione CHadN>quia reucraratioCHadNeas adll(sq% 
tinct. idemqueeft in rehquisrationibusobferuandum. . 

Rationes porr6 Aad L» & FadL licec reipsi duphcata: fint rationum C ad N, 
&Had Niu&guhfcflngalanmi} nontamcnvcHc confiderataemucanonemvllam 
iaSk occipiiiati qaai e naqec taXM^ Aidh$6LB^tAli fiBCcon<i<jcrcPWir in ot dioe 
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adntiofiesCadNf fleHfldNtfimpliciterTttatioaeiiaii^ liaeiMifiJefeiiiitf f f 

duplicata: funtearundcm. Additae autem1i?c conlidcranturrt fimplices ratiancs 
Aint.per tneratnadditioDcm ; autnconfcquL-ntcs cuaindiiuifKiinc«peraiemil 
additjonem 8cdetra3ionem,modo explicaco Corrol.7. 

i Qubd fi pctat 

T- — quoties crgo xaxsa 
• ' ' ' N ' O * A Fad 1, imdcipli^ 

• V , ' yT-. cata litrationis CH 

' • ' jid N ; ref poodeo id 

. ad buDc difcurrun] 

nioim&detenninarideberc, oec re^ri ' nooenim iodagatur hlc-ctttio duorum 
totoruminter fc, fed affinnirur tertia quxdamratio D I ait O.qua^ ciim taltsctfe 
rcpcnatur, vc ratiouc& omnes eam.conititucntes» toctes mulupiiccncur a ratiutii- 
bos conftitiient^s ratiopcm C Had N,q uocies raciones hft mttltipitcanrar i ca* 
tionilju$€*nftirucntibusrationem AFadL,infertur (juodratio AFadL conti- 
neattoticsranoi-.csconftirucntcsrationemCHadN ( qua? funt ipjiHiroa ratio 
C H ad N ) quoticrs rationcs conilitueates rationem C Uad N ( quae lunt ipfiiR. 
ma ratio C U ad N ) coatinenc rationesceofttntentes rati euem D I ad O > qu « 
funtipfiHima ratioD ladO. Non autemid infcrtur cx coquoriratio AFadL' 
fii duplicata ratioois C H ad N, <c quia racie C U ad N duplicata eft racjoois D I . 
'«d Oinam id quidcm plan^ fidioraeft» aecimfttamaflhmptumTdper vmbnim 
io dffoirlup. Qcegori;. 

Nam exeb quod ratio Aad Lduplicataiit rationisCadN,5c ratioCadNdu- 
piicaia rationis D ad 0> quid inicres quod rationi A ad L in ordine ad rationent 
C ad Kcompetat, quod liEhuletiam compecat rattooi C ad N tn ordtnc ad ratio* 
ncmDadO? AnquodratioAadLtotiesfttduplicatarationis CadN , quoties 
racio C ad N dupUcau cit ratiouis D ad O^boc; autem uibil plauc iignihcat.Quid 
enhseft toctei eiHe duplicamm ratiooemalBcriiit racioois , c|uocies baBCaltera ra« 
dodupUcata eft caiufdam vetta»^ ILedo.taiBeiiiiifere» quod ratio Aad L eo cafa 
tottcsmultiplicata fit rationts C ad N , quotics harc eft multiplicaca rationis D ad 
0>quiavcraque altcriu6 cft duplicata . &quod racio Fad Ltuties lic mulcipiicaca 
ratiooisHadN.^piociesh^ceft muldplicacaracioais Idd O,olreandemratioa2.r 
Quandovcrodicitnrqabd ratio AFad L totics contineatrationcm CH ad N» 
quotie« b»c ratio coonnet rationem D i ad C>> iioc non inf ertuc vl!o modo, ex eo 
qubd t«cioA9adLfttduphcacataciomsCHadN,&quodratioCHad N du> 
plicatafitrationisD I«dO,ie4ex eoquhd ratio AFad Lcootioeattoc catiooca 
ex quibus conftituim r,auar toties multiplicatx funt racionum carum qiMi: conri- 
net ratio C H ad N , & cx quibus conUicuicur , quocies es racioues qua^ conanc^ 
fatioCHadN,&exqi|ifau*conftiCttitttfimnitipUcatat runc ratiooumearumquas 
continct ratio D I ad O & cx quibus confticuitur , vt inm fepius didum. luuat 
eoiin fxpiu^denii^cditteriu! OKKiisabquaododiuirc, vccauikmpercipiacurquii 
ienfusiitAudoris. ' ' . 

Latet Iiic quiiiemaliud quoddam myflermm,esqaooftendcrc poiTem rattc^» 
ncs hasminimceile poireduplicatas,& umcn verumeile quod toties i!ncmu!ti> 
piicac^priou fecund£,quocies iecunda mulcipUcataeil cerctx» icd quia loogiori^ 
Meiittdiieurrus^^maiori^nemoliorfnii qaiteTtiibeUohocid expUcari poflic» 
vifiim id fnitomitterc: prarfcrtim ciim Andor ipfe in dedndlioncoatamiaaCe- 
riarujDjquainpra;maaibusbaba,idiacuicacer iicpca^icurus. . ' 
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>t fiis Patecii.errarerurruseosqiticifKipttl. patatuntlequirationes At^ 
''-'ad L,C Had Njl) I ad O efll- rationes cotinuS propOrtionales.Na» inquiunc» 
ratio AF ad Lduplicawcit ratfbnis C Had N»8c ratioCHadN, duplicataratio- 
tdsDlddO.igitnrrationesefltruntcondnu^proportkMttles* Att|ue hocmndo 
furfus Propofitionem iz examinarcdum voIunt,iniieililtOCiaciooesAFaidL»CH 
td N>D l ad O oon eiTe concioui pcoportiooales. - 
Sed quid mimiii fi ex errorft InppofitOkVeritttemiquain fibi imagliaanteirfeqiii 
dcbere,noneiiciant}Nam imprimisnufquamaflbmptum eftracionem AFad L 
duplicatam e/Terationis C HadN; &luncCniiUtdttpli'tetain raCiCMiisDIad.0* 
nam lioc falfumelTe iam oftcndimus. 

Deiiide n hoc aiTumeretnr, tamen miniln^ ieqderetor rationes eas efie conti* 
nu^ proportionales. Quod qaideminiiniiierisptt^oft«Ddo « deinde id ipinai 
Ceomethce dempoftracurus» 

Suppouo exLde ProportionaliCBCibas P.Gregorij , fi trea ooacinu^ proportld- 
nales radoneseachibits fuerint.cacipneinniediainin&dadaitif ideiapKoaiicere^ 
quod rado pri ma du^ i n tertiafn. 

Sitiam A,B,C,D>EordoquiQqiieproportlonaUum.Ratio Aad £duplicataeft 
' latinnitCadE^racioaucanCaaEOTplicata.eftKiCionisDiBdBAontm 
. laciones A ad £,Cad E,D ad E continu^ proimtiooales erunt.qaodiicpaHt. ' 
FiacircCadE, itaEadf }tunc rado ca. \6 % 4, 21 

C ad E dnda in fe producet rationem t u n r% % r t: 
CadF. ItemducaturratioDadEinra- A a U Va v 

tionem A ad E fiue fiat vt D ad E ita E ad Gj prodibit^ue ratio A ad G.fioc eft B 
ad F.patet autem rationem B adF eandem non eile cum ratione C ad F. non igi- 
tnr func raciones AadEfc CadE«deitide Dad Eproportionales , quamuis dupli«. 
can fitratio Aad£radc>nisCadfiiqa«niadinodainhacip&ncioCadfi>eikdil* 
plicata ratioois D ad E.- 

Confirmabitur hoc ipfum i!ild|i A B C D E' 

fercdifcurfu.Ponantnroenubqaa- - ^ " " — — 

titates A,B.C,D,t continuareeandcm rationem Aad B. erit itaque ratio Aad B 
.'duplicacaeiusquamhabecCadE: CciimilicerCadEduplicata rationisDadE. 
cittn^uehabeanctres hc ratiefies conunune confequens erit ratio A ad Ead ta- 
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